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HAM SO y =ax’(a+0) VA PHUONG TRINH BAC HAI MQT AN

ILHAM SO Y = Ax*(A=0)

1. Kién thikc trong tam

* Tap xac dinh cia ham so:

+Ham 6 y = ax’ (a#0) xac dinh véi moi X € R.

* Tinh chit bién thién cia ham so:

+Néu a> 0 thi ham sé y = ax” (@ = 0) nghich bién khi X <0, va ddng bién khi X > 0.
+Néu a <0 thihamsé y = ax’(a = 0) ddng bién khi X <0, va nghich bién khi X > 0.

* Po thi cia ham s: y = ax’ (a #0)

+ Db thi cia ham s6 y = ax? (a * 0) la mot duong cong di qua gdc toa d6 va nhan truc Oy
lam truc dd x&ng. Pudng cong d6 dugc goi 1a mot Parabol (P) véi dinh O.

+Néu a>0 thi y>0 véi moi Xx=0, y=0 khi x=0. Do do, d thi (P) nam phia trén
truc hoanh (OX), dinh O 1a diém thap nhit cia dé thj.

+Néu a<0 thi y<O0 véimoi X0, y=0 khi Xx=0. Do dé, d thi (P) nim phia dusi
truc hoanh (OX), dinh O 1a diém cao nhat ciia dd thi.

Vidd thi y =ax”(a = 0) luén di qua gbc toa d6 va nhan truc Oy Iam truc ddi xtng nén dé vé
d6 thi caa ham sé nay, ta chi can tim mot diém & bén phai truc Oy rdi lay cac diém ddi xiang véi
ching qua Oy

2. Cac dang toan

Dang 1. Xac dinh ham sé bac hai

Chohamsé y = f (X) dugc goi la ham s6 bac hai mot an néu phuong trinh cia ham s c6:

Viy, dé xac dinh mot ham sé 12 ham sé bac hai mot an phai thoa man diéu kién sau:
+ Ham s6 chi chira mét an duy nhat, véi bac cao nhét cua an 12 bac hai.

+Ham s6 ¢6 dang ax’ +bx+c =0 vsi (a#0).
+Hamsé codang Yy =ax® +b cohasé a=0.

+Ham sé codang y = ax® cohesé a=0.

Vi du minh hea 1:
Trong céc ham s6 sau: ham s6 nao 12 ham sé bac hai mot an?
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2 1

b y=1+% e y=—x+-

1 2 5 2

d. y=7+x e. Yy=1+Xx-X f. y=3(x-1)

Huréng dan gidi:
. N TR A LA . ap A N X N 2
Céc ham so6 la ham so bac hai mot an la: y=1+? vay=1+x-X" va

y=3(x-1)" =3x* - 6x+3
Vi du minh hea 2:Tim m d ham s 12 ham s6 bac hai mot an
a y=(m+2)x’ b. y=(m2—2)x2
Huréng dan gidi:
a. Déhamsé y =(m+2)x* laham s bac hai khi va chi khi: m+2# 0 < m = -2

b. Déham sé y = (M’ —2) x* Ia ham 6 bac hai khi va chi khi:

2
me—2

m -2z0com?#2<

Vay, véi M # ++/2 thi ham s6 di cho 1a ham sé bac hai.
Dang 2. Piém thudc dd thi ham sé - V& d6 thi ham sé
* Cho ham s y = ax” (@ = 0) c6 dd thi la Parabol (P).

+Diém M cdtoadd (Xy; Y, ) thude dd thi parabol (P) khi va chi khi: y, = ax;

+Diém M ctoadd (Xy; Y, ) khong thude dd thi parabol (P) khi va chi khi: <> Y, # ax;
* V& dd thi ham s6 y = ax® (a #0)

+ Xéc dinh dinh caa Parabol Ia géc toa do O(0;0).

+ Xéc dinh céac diém thudc ham sé:

-2 -1 0 1 2
4a a 0 a 4a

+ Hinh dang Parabol:
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a<0

gl

Parabol nhan truc tung la truc déi xtng.
. 1
Vi du minh hoa 1: Chohamso y = —x?
a. V& do thi (P) cuaham sé.
2 b A Ak e . 9 5
b. Cac diém sau c6 thudc db thi hay khong? A B;E B —5;5 ,C(-10;1)?
Huréng dan gidi:
N J4 1 2, s N A . , an N N . A
a. Himsé y = EX ¢6 dd thi 1a Parabol (P). D4 thi (P) co dinh 1a O(0;0), nim phia trén

truc hoanh, nhan truc Oy I truc d6i xtng va db thi di qua cac diém sau:

X 10 -5 0 5 10

1 5 5
=— 10 — 0 — 10

y 10 2 2
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+ + + + t + + t + T i + + + + + + t + +
-10 -5 o0 H 10

b. Thay tao do diém A[3; %) vao phuong trinh Parabol (P) ty= % x°
9 1, 0 9 2 TRy
Taco: — =-—(3)" < —=—— (ding). Vay diém A thugc dd thj ham so.
10 10 10 10
o ek S 1,
Thay tao do diém B| —5; > vao phuong trinh Parabol (P) Y= 0 X
Ta cé: S i(—5)2 = 5.2 = .3 (dtng). Vay diém B thudc dd thi ham sé.
2 10 2 10 2 2
A 3R 1 2
Thay tao do diém C (—10;1) vao phuong trinh Parabol (P) ty= 0 X

Taco: 1= i(—10)2 = 100 <1=10 (Valy).
10 10

Viy diém C khdng thudc do thi ham sb.
Dang 3. Sw ddng bién — nghich bién cia d6 thi ham s6

Chohamsé y = ax” (@ = 0) xac dinh véi moi X € R
+Néu a>0:Hamsé y =ax’(a = 0) nghich bién khi x <0 va déng bién khi x >0

£E|—°° 0 + o

+Néu a<0: Hocsinh y =ax”(@a = 0) dong bién khi X <0 va nghich bién khi x> 0.
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Vi du minh hea 1: Chohamsé y = (m2 - m)x2 . Tinh gia tri cua m dé:

a. Ham sé dong bién vai moi X > 0.
b. Ham sb nghich bién véi moi X > 0.
Huréng dan gidi:

a. Ham s6 dong bién véi mei X>0<a>0<m* -m>0< m(m-1)>0

m>0 m>0 m<0 m<0
khi = < m>1 hoic = =m<0
m-1>0 m>1 m-1<0 m<1

Vay véi m <0 va m>1 thi ham sé da cho ddng bién véi moi X > 0.
b. Ham s6 nghich bién voi moi x>0 a<0< m*-m<0< m(m-1)<0

m>0 m>0 m<0 m<0
khi & < 0<m<1 hoac & <> khong c6 gia tri
m-1<0 m<1 m-1>0 m>1

nao ciia M thoa man diéu kién nay.

Vay vsi 0<m <1 thi ham sé di cho nghich bién vai moi X > 0.
Dang 4. Gia tri I6n nhét, gia tri nhé nht cia ham sé

*Hamsé y = ax’(a#=0)

+Néu a > 0 ham s c6 gia tri nho nhat bang 0 khi x =0

+ Néu a < 0 ham sb c6 gia tri I6n nhat bang 0 khi x =0
*Hamsb y =ax’ +bx+c(a=0)

, : : b
+Néu a>0 hamsé y =ax® +bx+c(a#0) cd gia tri nho nhat khi ==
a

. . . b
+Néu a<0 hamsé y =ax’ +bx+c(a=0) co giatrj I6n nhét khi x:—2—
a

Dang 5. Viét phwong trinh Parabol Y = ax® (a * O) (timh¢ sé a)

Khi biét toa do cia mot diém thude db thi ham sé y =ax*(a = 0), ta di tim hé s6 @ cua no

bang cach thay toa d6 diém dé vao phuong trinh ham sb.
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Vi du minh hea 1. Cho ham sé y = (m2 — m)xz. Tim gia tri cia m dé db thi ham sé di qua
diém A(1;2).
Huréng dan gidi:
Db thi ham sé y :(m2 —m)x2 di qua diém A(1;2)
<:>2:(m2—m)(1)2 om-m=2om’-m-2=0
m=-1
1 -2)=0
< (m+1)(m-2) C{mzz

Vay, véi M =—1 hogc M =2 thi o thj ham s6 da cho di qua A(1;2)

Vi du minh hoa 2: Viét phuong trinh Parabol Y = ax’. Biét dd thi cia nd di qua diém
M (-2;8).

Huéng dan giai:

Phuong trinh Parabol Y = ax* di qua diém M (—2;8)

o -8=a(-2) @a=-2
Vay, ham sé can tim 1a y = —2x°

Dang 6. Twong giao giita Parabol véi dwong thing

Cho Parabol y =ax”(a# 0) vaduang thang y = kx +b

+ Lap phuong trinh hoanh d¢ giao diém: ax’® = kx +b (1)

S6 nghiém caa phuong trinh (1) chinh 1a sé giao diém cua Parabol véi duong thang.

+ Toa do giao diém (X,;Y,) vira 1a nghiém cia phuong trinh y =ax®, vira 1a nghiém cua
phuong trinh Y =kx+b.

Vi dy minh hea 1: Cho ham s6 y = mx? c6 do thi Ia Parabol (P). Tim gid tri cia M bién rang
do thi ham s6 y = mx? cit duong thang (d )y = X —3 tai diém 6 hoanh d¢ bing 5.

Huéng dan giai:

Theo dé, X, =5 va M e(d) néntaco: y, =%, —3< Y, =5-3< y, =2

Vay M (5;2). biém M (5;2) e(P):y =mx’

2

<:>2:m(5)2<:>m:25 2

. 2
. Vay,hamsocantimla y =—X
25
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BAI TAP
Bai 1. Cho ham sé y = —3X°

. . 1 1
a. Lap bang tinh gia tri cua ham so tai cac diém c6 hoanh do (X) sau: —2;—1; —E;O;E;l; 2

, 1
b. V¢i gia trj ndo cua X thi ham sé (y) nhan gia tri sau: O; 27;—27;5;—5;—81; -3

Bai 2. Cho ham s6 y =(m—4)x*. Tim gia tri cia m dé:
a. Ham sb dong bién véi moi x> 0.
b. Ham s6 nghich bién véi moi X > 0.

Bai 3. Cho ham s y = (k2 —2k + 3) X
a. Xét sy bién thién cua ham sé trén tap xac dinh cua ng?
b. Tim K biét db thi ham s6 di qua diém (1;6)?

. 1
Bai 4. Cho ham sé y = Ex2

a. V& dd thi ham sb.

b. Cho céc diém sau: A(0;1); B(Z;Z);C(—B; gj, D(—x/g;gj diém nao thudc dd thi ham
s6, diém nao khong thude dd thi ham s6?

Bai 5. Cho ham s y =(m+1)X*. Xac dinh hé s6 @ trong mdi truang hop sau:

a. Do thi ham s di qua diém A(l; 9)

b. D thi ham s6 di qua diém B(—4;32).

, 1
Bai 6. Cho ham sé y = 3 X2

a. Biét diém A(—3;m) thugc dd thi ham sé, tim m? Hoi diém A’(3;m) c6 thuge dd thi ham
s6 khong? Vi sao?

b. Biét diém M (k;—9) thude db thi ham s, tim k 2 Hoi diém M'(k;9) c6 thuge dé thi ham
s6 khong? Vi sao?

Bai 7. Cho ham sé y = ax’

a. Xéc dinh ham sé biét d thi ham s di qua diém A(\/E : 2)

V& d6 thi ham sé vai gia tri @ vira tim duoc.
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b. Biét B(—x/E; 2) la mot diém thude dd thi ham sé trong cau a, O 1a goc toa do. Tam giac

OAB latam giac gi? Tinh dién tich tam giac OAB .
. 1
Bai 8. Cho ham so y:EXZ (P) vay=2x-2

a. V& hai dd thi ham sb nay trén cing mot mat phang toa do.

b. Tim toa d6 giao diém cua hai d9 thi trén.

Bai 9. Cho ham sé y = —3X°

a. Tim céc diém thudc do thi ham sb c6 tung d6 bang —9

b. Tim céc diém thudc dd thi ham sb cach déu hai truc toa do.

Bai 10. Cho ham sé Y = kx®

a. Xac dinh K biét 6 thi ham sb c6 do thi cat duong thang Yy = —3X + 4 tai diém c6 hoanh d¢

X=-2.

b. V6i gid tri K vira tim duoc & cau a, hdy vé dd thj ham sé Y =kx® va y=-3x+4 trén

cling mot mat phang toa do.

c. Bing dd thi hiy x4c dinh toa do giao diém cua dé thi hamsé y =kx* va y = -3x + 4.
HUONG DAN GIAI

Bai 1. Cho ham sé y = —3X°

a. Lap bang tinh gié tri caa ham s6 tai cac diém c6 hoanh do (X) sau:

X 2 -1 ! 0 1 1 2
2 2
y=-3x*| -12 -3 3 0 3 -3 ~12
4 4

b.Vsi y=0,tacé -3x* =0 x> =0 x=0.

Véi Yy =27, taco —3x° =27 <> x* =—9 khong c6 gia tri X thoa man.
V6i Yy =—27 tacd —3x° =27 < x> =9 < X =43,

Véi y=-3,taco 3x* =3 x =l x=+1

Véi y:—i,tacc’) —3x? :—la)xzzi(:)X:iL
9 9 27 33

Bai 2. Cho ham s6 y =(m—4)x*. Tim gia trj cia m dé:
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a. Ham sé dong bién véimoi X >0 < m-4>0< m >4
Vay voi m > 4 thi ham sé da cho dong bién véi moi X > 0
b. Ham sb nghich bién véi moi X > 0.
=>m-4<0=m<4

Vay véi m < 4 thi ham sé da cho nghich bién véi X > 0.

Bai 3. Cho ham sb y = (k* — 2k +3)x*

a. Ham s6 y = (k* — 2k +3)X* c6 he s6 a=k* — 2k +3=(k —1)° +2> 0 véi moi gia tri
cua K.

Do d6, ham s6 da cho nghich bién khi X <0 va dong bién khi x> 0.

b.Dd thi ham s di qua diém (1;6) <> 6 = (k* — 2k +3)1°

< k?-2k+3=6<k*-2k-3=0

k=-1

k=3

Vay voi k =—1 hoac k =3 thi db thj ham s6 di qua diém (1;6)

<:>(k+1)(k—3)=0<:{

Bai 4. Chohamsb y = %XZ

a. V& dd thi ham sé.

Db thi ham sé y = % x* Ia Parabol (P)co dinh O(0;0)
, nhan truc Oy 1am truc ddi xtmg, va di qua diém sau:

X -2 0 2

y=%x2 2 0 2

b. Ta co:

Thay hoanh d¢ diém A(0;1) vao ham sb %(0)2 =0=y,=1
Vay diém A(0;1) khong thude db thi ham sb.

Thay hoanh dd diém B(2;2) vao ham sé %(2)2 =2=Y,

Viy diém B(2;2) thude db thi ham sé.
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. 5 1 9 5
Thay hoanh d¢ diém C| —3;= | vaohamsé =(-3)° =—# y. =—
ay hoanh d6 dié ( 2) ) 2( ) 5 Ye 5

, 5 . .
Vay diém C(—S; Ej khong thuge db thi ham sé.
, 5 .1 2 5
Thay hoanh d6 diém D (—\/5 : Ej vao ham sé E(—\/E ) =>=Y

Vay diém D (—\/E gj thuoc db thi ham sé.

KL: Vay diém B va diém D thudc do thi ham sb.

Bai 5. Cho ham s y =(m+1)X*. Xac dinh hé s6 @ trong mdi truang hop sau:
a. Do thi ham s6 y = (M +1)x* di qua diém A(1;9)

<9=(Mm+1)1)* ©m+1=9< m=8

Vay véi m =8 thi dd thi ham s di qua diém A(1;9)

b. Dd thi ham s6 i y =(m+1) x* qua diém B(—4;32).

& 32=(m+1)(-4)* < 16(m+1)=32

oSm+l=2<m=1

Vay véi m =1 thi dd thi ham s6 khéng di qua diém B(—4;32).

. 1
Bai 6. Cho ham sé y:—gxz
s A 2e A A A PRI 4 1 2 A
a. Viét diém A(—3;m) thuoc do thi ham so y:—§X , nén:

mz—l(—3)2<:>m:—g<:>m:—3
3 3

Suy ratoa do diém A(—3;—-3) va A’(3;-3) la hai diém dbi xtng nhau qua truc Oy (tinh chét
ddi xung cia hoc sinh y =ax”(a = 0)). Ma diém A(—3;—-3) thudc do thj ham s6 nén diém
A'(3; —3) ciing thudc do thi ham sé.

7 . ) 1
b. Diém M (k;—9) thude dd thi ham sé y = 3 X%, nén:

Lién hé tai liéu word mén toan: 039.373.2038 TAI LIEU TOAN HOC



Website:tailieumontoan.com

—9:—%(k)2 o k?=27To k=133

Vi k = i3\/§ thay vao phuong trinh ham s ta dwoc: y = —%(i?;\/g)z =-9=% Yo
Do d6 diém M’ (k;9) khong thuge db thi ham sb.

Bai 7. Cho ham sé y = ax’

a. D4 thi ham s6 y = ax’ di qua diém A(\/E;Z) 2= a(\/z)2 sa=1

Vay a=1vahamsécantimla y = x°

Do thi ham sé Y = X* 1a Parabol c6 dinh O(0;0) 6 truc ddi xing Oy

Do thihamsé y = X’ di qua cac diém

X -1 0 1 \ A /
B A
y = x? 1 0 1
b. iém A(2;2) va B(—v2;2) thude dé thi 1
hamsé y = X° g
s XA =X . 42 R O
Vi y = nén hai diém A va B doi xang nhau —— == - T
AT JB
qua truc Oy. -05

Do d6, Oy 1a dudng trung truc caa doan thang AB, suy ra OA = OB.
Vay tam giac OAB la tam giac cén tai O.

Taco: OH =|y,|=2; AB=22

Dién tich tam giac OAB: S, = %OH AB = %.2.2\/5 =22 (dvd).

Bai 8. Cho ham s yzéx2 (P)va y=2x-2.
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a. * Db thi ham s y=%x2 la parabol (P) c6
dinh O(0;0), c6 truc ddi xtng Oy.
Do thi ham sé y = x? di qua cac diém sau:

X -2 0 2
y =X’ 2 0 2

* P thi ham sé y = 2x—2 1a duong thang (d) di
qua hai diem (0;-2) va (1,0).

b. Tim toa d6 giao diém cua hai d9 thi trén.
Phuong trinh hoanh d¢ giao diém cua (P) va (d)
la:

%xz =2x—2<:>%x2—2x+2=0<:>%(x—2)2 =0 x=2.

V6i x=2=>y=2. Vay toa do giao diém la (2;2).
Bai 9. Cho ham s6 y =-3x* (P).
a. Goi M(X,;Y, ) ladiém thuoc d6 thi ham sé vaco y,, =—-9
Vi M thuge (P) néntacé: -9=-3x; < x4 =3 x, =+/3,
Vay diém thudc db thi ham sé va co tung d6 bing 9 1a: Ml(—ﬁ;—g) va M, (Jé; —9).
b. Goi N(Xy;Yyy) 1a diém thudc do thi ham sb va c6 khoang cach dén cac truc toa do bang
nhau.
N thude do thi ham s nén: y,, =-3x3
N c6 khoang cach dén hai truc toa d6 bang nhau nén:
Yn =Xy (1)
l-bol= |
Yn ==Xy (2)
Giai (1): y, =X, < —=3x5 =X,
Xy =0=y, =0
< Xy (1+3x%, ) =0 1

Xn =—§=> Yn 73

Ta c6 diém (0;0);(%;—%}
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Vay, cac diém thudc dd thi ham sé cach déu hai truc toa o la: (0; 0);(%; —%M—%;%j
c. Tim cac diém thudc d thi ham sb c6 tung do gap 9 lan hoanh do.

biém A(X,;y,) c6 tung do gap 9 lan hoanh do: y, = 9x,.

Piém A thudc do thi ham sé nén: y, =-3x2 < 9x, = -3x2

X, =0=y,=0

< 3X, (X, +3)=0<
(%3 +3) [xA=—3:>yA=—27

Vay toa d6 cac diém thudc d6 thi ham sé co tung do gip 9 lan hoanh do Ia:

(0;0);(-3;-27).
Bai 10. Cho ham s6 y =kx* (P).
a. DO thi ham sé c6 cit duong thang (d):y =—3x+4 tai diém cps hoanh d x = -2.

Goi M (X,;Y,) latoa do giao diém cua (P) va (d). Theo dé bai taco x, =—2.

M thudc duong thang (d) nén:

Yo=-3%+4 Yy, =-32+4=-2

Suy ra M (—2;-2). Thay vao phuong trinh

(P), taco: —2=k(—2)2 sk=—=

Vay do thi ham s6 cantim la: y = -3 x?

b. DS thi ham s6 y:—%xz (P) va duong  y="s

thang (d):y=-3x+4

Do thi ham sé y = —%xz (P) 1a parabol c6 dinh O(0;0), c6 tru dbi xing la Oy va di qua

cac diém:

X -2 0 2

yo_ 1 2 -2 0 -2
2

e Do thihamsé y=-3x+4 la duong thang (d) di qua hai diem (0;4) va (L1)
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c. Dua vao do thi ta thdy toa d6 giao diém cua do thi ham s§ y = —%xz (P) va duong thang
(d):y=-3x+4 la: A(2;-2);B(4;-8).

II. PHUONG TRINH BAC HAI MQT AN

1. Kién thirc trong tam

a. Phwong trinh bac hai mt an c6 dang: ax’ +bx+c=0 (*) trong dé x laan; a, b, c 1
cac hé s6 cho truéc véi a = 0.
Céch giai:
+) Néu ¢ =0, ta co phuong trinh:

ax’ +bx=0< x(ax+b)=0< b

+) Néu b =0, ta c6 phuong trinh: ax® +c¢ =0 < x? __c
a

Khi —< >0 thi x=i/—3
a a

Khi = <0 thi phuong trinh v6 nghiém.
a

. C . X=
+) Néu b #0,c =0 bién doi phuong trinh vé dang a(x—a)(x-4)=0< [ Z
X =
b. Cobng thirc nghiém cia phwong trinh bac hai:
Dé gidi phuong trinh bac hai: ax® +bx+c=0(a#0)
Biét thuc Delta: A =b*—4ac
- Néu A >0 thi phuong trinh c6 hai nghiém phan biét:

b+ JA « = —b—+/A
2a 7 2a
£ . A b
- Néu A =0 thi phuong trinh c6 nghiém kép: x, =x, = —2—;
a
e Luuy: Néu ac<0 (a,c trai dau) thi phuong trinh ludn c6 hai nghiém phan biét trai
dau.

c. Cong thirc nghiém thu gon
Phuong trinh bac hai ax®+bx+c=0(a=0) va b=2b’

Tinh biét thac: A'=b*?—ac
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Néu A'> 0 thi phwong trinh c6 hai nghiém phan biét x, =

—b'+\/E_X _—b-Ja
A

Néu A'=0 thi phwong trinh c6 nghiém kép x, = x, = —%.

Néu A'<0 thi phuong trinh v nghiém.

d. Hé thirc Viet va wng dung:

+Dinh ly Viet: Néu x,,x, 1a hai nghiém cua phuong trinh: ax® +bx+c=0(a#0)

b
S=X+X=——;
thi téng va tich cua hai nghiém Ia: . a

Pz&@zg
+ Néu hai s6 c6 téng bang S va tich bang P thi hai s6 d6 1a hai nghiém cta phuong trinh:
X% —Sx+P =0. (biéu kién dé c6 hai s6 d6 1a: S* —4P >0).

e. Cach nham nghiém ciia phwong trinh:
+ Néu a+b+c =0 thi phuong trinh ¢6 nghiém x, =1,x, _L
a

+Néu a—b+c =0 thi phuong trinh c6 nghiém x, = -1,x, = _c
a

+ Néu nham dugc: X, +X, =M+ n; X.X, =m.n thi phuong trinh c6 nghiém x, =m,x, =n.
f. Phuong trinh bic hai ax® +bx+c=0 (a=0)

az0

o a=b=0 __
1. Phuong trinh vd nghiém < hoac
c#0 A<O

az0

2. Phuong trinh ¢6 nghiém kép < {A 0

. a=0
3. Phuong trinh ¢6 hai nghiém phan biét < {A 0
>

4. Phuong trinh ¢6 hai nghiém tréi dau < a.c <0
a=0

5. Phuong trinh c6 hai nghiém cing déu { A >0
P>0

a=0

. N A>0

6. Phuong trinh ¢6 hai nghiém duong < P50
>

S>0
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a=0
A>0
P>0
S>0

7. Phuong trinh ¢ hai nghiém phén biét duong <

a=0

, o A>0

8. Phuong trinh c6 hai nghi¢m am < P>0
>

S<0

a=0

) = A A>0

9. Phuong trinh ¢6 hai nghiém phan biét am < p>0
>

S<0

az0
A>0
P<0
S=0

10. Phuong trinh c6 hai nghiém dbi nhau <

11. Phuong trinh c6 2 nghi¢m phén biét thoa x, <a < X, <

12. Phuong trinh ¢6 2 nghiém phan biét thoa o < x, < x, <

13. Phuong trinh ¢ hai nghi¢ém phén biét théa x, < x, < <

a=0
A>0
a.f(a)<0

A>0
a.f(a)>0

—<a
2

g. Céc biéu thire thwong gip trong viéc giai toan phwong trinh bac hai chira tham sb

(A=0):
* x4 xE = (X %) —2x%, =S%—2P
* (xl—xz)2 :(x1+x2)2—4x1x2 =S% 4P
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* ) = (% %) —3%X, (X +X%,)=S° ~35P
o a4 (y2, y2\? 2,2 _ (a2 2
X' +% =X +x ) —2x¢x; =(S%—2P)-2P

o 1,1_xex s
X X o XX P
ﬁ+&_xf+x22 _S*-2pP
X, X XX, P
Day 1a mot s6 biéu thic cin ban nhat, thuong xuat hién trong cac bai toan phuwong trinh bac hai
c6 chira tham s, nam trong cau triic dé thi vao 10. Do dé, cac em can nam viing nhiing kién
thirc nay, dé co thé van dung thuan thuc, gitp bién d6i cac loai biéu thirc khac dé giai quyét bai
toan mot cach don gian hon.
2. Céc dang toan

a. Dang 1. Phwong trinh béc hai khéng chira tham sé

b. Phuong trinh b4c hai (a#0) dang khuyét hang tir bac nhat (b =0), ta cé phuong trinh:

C
ax’+c=0x*=-=
a

Khi =< >0 thi x=i/—£
a a

Khi —< < 0 thi phuong trinh vo6 nghiém
a

¢. Phuong trinh bac hai dang khuyét hang tir tw do (c= 0), ta co phuong trinh:

x=0
ax’ +bx=0< x(ax+b)=0< b
a

d. Phuong trinh bdc hai c6 ddy du cac hang tir (b#0;c#0):
X=a
x=p
Vi du minh hea 1: Chi ra cac hé sb a, b, ¢ trong mdi phuong trinh, sau d6 giai phuong trinh:
a. 3x*+5x=0 b. x*-16=0
C. X*=5x+4=0 d. x*+2x-8=0
Huéng dan giai:

Ta bién doi phuong trinh vé dang: a(x-a)(x—-B)=0< [

a. Phuong trinh 3x* +5x=0,c6 hésé a=3;b=5 va c=0.
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«—0 x=0

IS
3x+5=0 X=——

3x2+5x:0<:>x(3x+5):0<:{
3

Vay phuong trinh c6 hai nghiém: x=0;Xx = —g.

b. Phuong trinh X*-16=0, c6 hé s6 a=1b=0;c =-16.
x*-16=0=x" =16 < x=+4
Vay phuong trinh c6 hai nghiém: x=—-4;x=4.
c. Phuong trinh x> -5x+4=0, c6hé s6 a=1b=-5;c=4.
x2—5x+4=0<:>(x—1)(x—4):0@{iji
Vay phuong trinh c6 hai nghiém: x=1,x=4.
d. Phuong trinh x> +2x—8, cohé s a=1b=2;c=-8.
x2+2x—8<:>(x—2)(x+4):0<:{§i24
Vay phuong trinh ¢6 hai nghiém: x=2;x=-4.
BAI TAP TU LUYEN
Bai 1. Pua céc phuong trinh sau vé dang ax’ +bx+c =0(a#0). Roi chi ra cac hé s6 a, b, c?

a. 3x* +3x+5=5x+1 b.%x2—4x—3=3x+%

c. —5x2 +x—1=+/5x+1 d. x*-3(k-2)x-8=1-k’

Bai 2. Giai cac phuwong trinh sau:

a. x*=5x=0 b. 2x*-32=0

c. 3x*+4=0 d. 2x* +/2x=0

Bai 3. Giai cac phuong trinh sau bing cach chuyén vé dang: f?(x)=m véi m 1a hang so:
a. x*—10x+9=0 b. xX*+2x-3=0

C. 2X* +2Xx+7=0 d. 4x* -7x+3=0

Bai 4. Giai cac phuong trinh sau bang cach bién doi vé trai vé dang tich cua cac biéu thic:
a. X" —5x+4=0 b. xX*+x-6=0

c. -3x*+2x+5=0 d. 4x*+24x+9=0

HUONG DAN GIAl
Bai 1. Dua céc phuong trinh sau vé dang ax® +bx+c=0(a=0). Roi chi ra cac h¢ sé a, b, ¢?
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a. Phuong trinh 3x* +3x+5=5x+1<3x* -2x+4=0
c6hésé: a=3b=-2;c=4.

b. Phuong trinh 3y —4x—3=3x+£<:>§x2 _7x-2 g
4 3 4 3

c6 hé sé: a=%;b:—7;c=—g.

c. Phuong trinh —VBX + x~1=Bx+1 < —VBx" +(1-B)x-4=0

cohésd: a=—/5:b=1-+/5:c=—4.

d. Phuong trinh x* -3(k-2)x-8=1-k* < x> -3(k—-2)x+k*-9=0
cohesd: a=Lb=-3(k-2);c=k’-9.

Bai 2. Giai cac phuong trinh sau:

a. Phuong trinh x* -5x=0< X(X—5)20<:>Ki(5)

Vay phuong trinh ¢6 hai nghiém: x=0;x =5.

b. Phuong trinh 2x* -32=0<2x* =32 < x* =16 < X = +4

Vay phuong trinh c6 hai nghiém: x =—-4;x=4.

c. Phuong trinh 3x° +4 =0 < 3x° = -4

VT =3x* >0 véi moi X, VP = -4 < 0. Do d6 phuong trinh 3x* =—4 v nghiém.

x=0
d. Phuong trinh 2x° +y2x=0 & V2x(V2x+1)=0e| 1
2
1
Vay phuong trinh c6 hai nghiém: x=0;X=———.
ay phuong ghié 72

Bai 3. Giai cc phuong trinh sau bang cach chuyén vé dang: f?(x)=m véi m la hang so:
a. Phuong trinh x* ~10x+9=0< x* ~10x+25-16 =0 < (x-5) =16 & (x-5)" = 4> =(-4)’
X-5=-4 x=1
= &
X—-5=4 X=9
Vay phuong trinh ¢6 hai nghiém: x=1;x=9.

b. Phuong trinh x*+2x-3=0< x2+2x+1—4:0<:>(x+1)2 :4<:>(x+1):(i2)2

X+1=-2 X=-3
= =
X+1=2 x=1
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Vay phuong trinh c6 hai nghiém: x=-3;x=1.

c. Phuong trinh x> +2x+7=0< x* +2x+1+6=0< (x+1)2 =—6 khodng cd gia tri x théa man.

Vay phuong trinh v6 nghiém.

2
d. Phuong trinh 4x2—7x+3=0<:>4x2—7x+£—i=0<:>(2x—zj 1
16 16 4 16
2 2 2X—Z=—1 3 3
7 1 4 2X=— X=—
4 4

Vay phuong trinh c6 hai nghiém la: x = %; x=1.

Bai 4. Giai cac phuong trinh sau bang cach bién ddi vé trai vé dang tich cua cac biéu thuc:
R 2 x=1
a. Phuong trinh X* —5x+4=0< (x-1)(x-4)=0< 4
Vay phuong trinh c6 hai nghiém: x=1,x=4.
. 2 X=-3
b. Phuong trinh X +X—6=0<:>(X—2)(X+3)=0<:> »
X=
Vay phuong trinh ¢6 hai nghiém: x=-3;x=2.

x=-1

c. Phuong trinh —3x* +2x+5=0< (-3x+5)(x+1)=0 < 5
X=—
3

Vay phuong trinh c6 hai nghiém: x=-1x= %

d. Phuong trinh 4x° +(8-+/3)x—2v/3 =0 < (4x—+/3)(x+2) =0

4x-3=0 x:jg
& & 4

X+2=0
X=-2

Vay phuong trinh c6 hai nghiém: x = =-2.

ﬁ’ X
4

b. Dang 2. Giai phwong trinh bing cong thic nghiém.

1. Giai phuong trinh bac hai bang cong thac nghiém:

Dé giai phuong trinh: ax® + bx +¢ = 0(a=0)
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* Bjét thirc Delta: A =b® —4ac

—b+x/K_X —b-+/A
a 1

-Néu A>0 thi phuong trinh c6 hai nghiém phan biét: x, = > =

2 2a

-Néu A =0 thi phuong trinh c6 nghiém kép: x, = X, = —ZL;
a

-Néu A <0 thi phuong trinh v6 nghiém.

* Luu y: Néu a.c <0 (a, ¢ tréi dau) thi phuong trinh ludn c6 hai nghiém phan biét trai dau.

2. Giai phuong trinh bang céng thirc nghiém thu gon.

Phuong trinh bac hai ax® +bx+c=0(a=0) va b=2b’

Tinh biét thuc: A'=b"?—ac

—b'+\/F_X —b—/A
a 1

Néu A'>0 thi phuong trinh c6 hai nghiém phan biét x, = , =
a

Néu A'=0 thi phwong trinh c6 nghiém kép x, = x, = b
a

Néu A'<0 thi phuong trinh v6 nghiém.
Vi du minh hoa 1: Khéng giai phuong trinh, hiy xac dinh cac hé sé a, b, ¢ rdi tinh biét thac
delta (A ) va xéac dinh sé nghiém cua mdi phwong trinh sau:

a. 3x°+5x+2=0 b. x> -5x+9=0
C. 2x2—6x+%=0 d. X2+(\/§+1)X—\/§=0
Huréng dan gidi:
a. Phuong trinh 3x*> +5x+2=0, cohésé a=3;b=5,c=2.
A=b*-4ac=5"-432=25-24=1>0
Vay phuong trinh c6 hai nghiém phan biét.
e. Phuong trinh x> -5x+9=0, cd hé s6 a=1b=-5,c=09.
A=b?-4ac=(-5)"-4.19=25-36=-11<0
Vay phuong trinh v6 nghiém.
c. Phuong trinh 2x° —6x+%:0, cohésd a=2;b=-6;c :%

2—4.2.%:36—36:0

d. A=b*-4ac=(-6)
Vay phuong trinh ¢6 nghiém kép.

d. Phuong trinh x2+(\/§+1)x—\/§:0,cc’) hésd a=Lb=+2+Lc=—2.
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A=b*—4ac= (\/§+1)2 —4.1.(—x/§) = (x/i—l)z >0

Vay phuong trinh c6 hai nghiém phan biét.

Vi du minh hea 2: Giai cac phuong trinh sau bang cong thirc nghiém:
a. 3x*—5x+8=0 b. 5x* -3x-2=0
c. X*—4x+1=0 d. 3x* +7x+2=0
Huong dan gidai:

a. Phuong trinh 3x* -5x+8=0,c6 hé s6 a=3;b=-5:c=8.
A=b?-4ac=(-5)"-4.3.8=25-96=-71<0

Vay phuong trinh v6 nghiém.

b. Phuong trinh 5x* —3x—2=0,cohésé a=5b=-3 va c=-2.
A=b?-4ac=(-3)" ~4.5.(-2)=9+40=49>0=>/A =7

Phuong trinh ¢6 hai nghiém phén biét:

Xl:—b—\/X:—(—B)—7 2. :—b+\/K:—(—3)+7:l

2a 2.5 572 2a 2.5
A . e e A Ln 2
Vay, phuong trinh cé hai nghiém phan biét: X, = _E; X, =1.

c. Phuong trinh X* —4x+1=0,cohésé a=2;b=—4; va c=1.

A=b?-dac=(-4)" -411=16-4=12>0=/A =23
Phuong trinh ¢6 hai nghiém phén biét:

Xl:_b_JX:—(—4)—2\@:4—2J§:2_\/§

2a 2.1 2
Xi:—b+\/Z:—(—4)+2\/§:4+2\/§:2+\/§
2a 2.1 2

Viy, phuong trinh c6 hai nghiém phan biét: X, =2 — J3; X, =2+ J3.
d. Phuong trinh 3X* +7X+2=0,cohésé a=3;b=7 vac=2.
A=b*—dac=(7)-432=49-24=25>0=>+A=5
Phuong trinh c6 hai nghiém phan biét:

Xl_—b—\/X_—7—5_ b+JA -7+5 1

=-2;X, = —=
2a 2.3 2a 2.3 3
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1
Viy, phuong trinh c6 hai nghiém phan biét: X, =—-2;X, = -3

Vi du minh hoa 3: V¢i gid tri nao cta m thi:

a. Phuong trinh 3X° + (m +1) X+5=0 c6nghiém x =1.

b. Phuong trinh Mx? —4X —3 =0 c6 nghiém kép? Tim nghiém do.
c. Phuong trinh —X* 4+ 2mx —1=0 c6 hai nghiém phan biét?
Huwong dan gidi

a. Phuong trinh 3X° + (m +1) X+5=0 c6nghiém x=1

Thay X =1 vao phuong trinh d3 cho:
3.1°+(m+1).1+5=0<=3+m+1+5=0m+9=0<m=-9
Vay, véi m=-9 thi phuong trinh ¢6 nghiém X =1.

b. Phuong trinh mx> —4x—3=0

Véihesd a=m,A= (—4)2 —4.m.(-3)=16+12m.

a=0

Pé phuong trinh c6 nghiép kép < {A 0

m=0 m=0 4
= & 4SS m=——
16+12m=0 m=—— 3

3

: 4 o
Véi m= _E thi phuong trinh ¢6 nghiém kép, va

b _ (H4)__ (4 _ 3

=X, =—=— = — .
e T T T om 2(4) 2

c. Phuong trinh —X* 4+ 2mx —1=0 c6 hai nghiém phan biét?
Voihe sé a=-1,A=b? —4ac=(2m) - 4.(-1).(-1)=4m* -4
a=0

Pé phuong trinh c6 hai nghiém phan biét <> {A 0
>

-1+0 -1+0 m>1
= = o
4m> —4>0 m? >1 m< -1
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Vay, véi m>1 hoic m < —1 thi phuong trinh d cho c6 hai nghiém phan biét.

Vi du minh hoa 4: Ching minh phuong trinh ax’ +bx + ¢ = O(a # O) ludn c6 hai nghiém
phan biét néu a,C tréi dau.

Ap dung: Khdng giai phuong trinh, hay cho biét mdi phuong trinh sau c6 may nghiém:

a (1+J§)x2—2x—ﬁ=o

b. 5X* —3mx—1-m?’ =0.

Huréng dan gidi

a. Phuong trinh ax® +bx+c=0(a=0) c6 A=b’ —4ac.

Khi a,C trai dau thi a.c <0, suyra —ac >0, do d6 —4ac >0
Mat khac: b® >0 véi moi b.

Vivay, A=b*-4ac>0.

Vay, phuong trinh ludn ¢ hai nghiém phan biét néu a,C trai dau.

Diéu nay cling dung khi chung minh véi (A").

Ap dung:

a. Phuong trinh (l+\/§)X2 —2X—\/§=O c6 hé s a=1+\/§>0, hé s c=—-+/3<0
Do d6, @ va C trai diu nén phuong trinh c6 hai nghiém phan biét.

b. Phuong trinh 5X* —=3mx—1-m?=0 c6hé¢ sé a=5>0, he s6 ¢ =—1—m? <0 véi moi
m.

Do d6, @ va C trai dau nén phuong trinh c¢6 hai nghiém phan biét.

Vi du minh hoa 5: Giai cdc phuong trinh sau bang céng thirc nghiém thu gon.

a. 3x*—5x+8=0 b. 5x* —3x—2=0

c. X2—4x+1=0 d. 3x*+7x+2=0
Huréng dan gidi

, 5
a. Phuong trinh 3x? —5x+8=0, c6 hé sb a=3;b=—5:>b'=—5; va c=8.

2
A'=(b')2—aC=(—gj 38=2 ="

4 4
Vay, phuong trinh v6 nghiém.

b. Phuong trinh 5x* —3Xx—2=0,c6hésé a=5b=-3= b'=—%; va c=-2.
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.(—2):%+1O:47?>0:>x/§:%

Phuong trinh ¢6 hai nghiém phén biét:

(.37 (3,7
—b'— /A’ 2) 2_ 2 _-b+JA’ 2) 2
X1= = =__1X2= = =1
a 5 5 a 5

2
Viy, phuong trinh c6 hai nghiém phan biét: X, = _E; X, =1.

c. Phuong trinh X° —4Xx+1=0,cohésé a=Lb=-4=Db'=-2; vac=1
A'=(b) —ac=(-2) -11=3>0=A =3
Phuong trinh ¢6 hai nghiém phan biét:

Xlz—b'—\/I:—(—z)—ﬁ:2—1J§:2_\@;

a 1
—b'++vA" —(-2)+~3 2
x = b;\/—: ( i \/—: +1\/§:2+\/§

Viy, phuong trinh c6 hai nghiém phan biét: X, =2 —+/3;x, =2 + /3.
. 7
d. Phuong trinh 3X? + 7X+2=0, c6 hé s6 a=3;b=7:>b'=§; va Cc=2.

7Y 49 . 25 5
A'=(b')2—ac=(5) —3.2:7—6=7>0:>\/K=E

Phuong trinh ¢6 hai nghiém phan biét:

1.5 LA
—b'—\/z_ 2 2:_2_X:—b'+\/I: 29 1

a 3 e a 3 3
A . 1 1 A Lin 1
Viy, phuong trinh ¢6 hai nghiém phan biét: X, =—-2;X, = _5'

BAI TAP TU LUYEN
Bai 1. Khéng giai phuong trinh, hiy xac dinh céc hé sé a, b, ¢ ciia phuong trinh. Tinh biét thirc
delta A va cho biét sb nghiém cua phuong trinh:

a x> —5x+1=0 b. 2x> —9x+10=0
c. 2x*+7x+3=0 d. —x*+6x-9=0
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Bai 2. Giai cac phuong trinh sau bang cong thirc nghiém:

2 _

c. —x% +/5x=1=0 d. 5x2+/3x=2=0

Bai 3. Giai cac phuong trinh sau bang cong thirc nghiém:

2
a 32 +4/2x-3++/2=0 b, 5x2—5\/§x+§—0

c. xz—(1—J§)x—J§=o d. xz—(ﬁ—ﬁ)x—ﬁzo

Bai 4. Vi gia tri nao cua k thi cac phuong trinh sau ¢6 nghiém kép? Tinh nghiém kép do.

a. X*—10x+k+2=0 b. x> +kx—-3=0

c. X>+2kx+7-k=0 d x> —(k+1)x-1=0
Bai 5. Vi gia tri ndo cua m thi cac phuong trinh sau vé nghi¢ém?

a. 3x° +2mx+4=0 b. x> +2x+m=0

c. 3xX°+mx+2=0 d. —x*+(Mm-2)x+9=0

Bai 6. Vai gia tri nao cuia m thi cac phuong trinh sau ¢6 hai nghiém phan biét?
Tinh nghiém cua phuong trinh theo m.

a. 4x* —mx-15=0 b. x> —8x+4m* =0

c. 4x* +3x+m-1=0 d. 3x*—2(m-1)x+3=0

Bai 7. Xéc dinh a, b’, ¢ rdi dung cdng thirc nghiém thu gon dé giai phwong trinh:

a. X>—6x+8=0 b. 2x* —=9x-5=0

c. X*+5x-14=0 d —x*+4x+12=0

Bai 8. Giai cac phuong trinh sau, nghiém gan dtng chinh xac dén chix sé thap phan th hai:
a X’ —4x+2=0 b, x2—(1+\/§)x+\/§:0

c. X*+7x-2=0 d —x*+7x-5=0

Bai 9. Vi gia tri nao cia m thi cac phuong trinh sau:
a. Phuong trinh 2X° + MX—6=0 c6 nghiém X = —2.
b. Phuong trinh (M—5)Xx* —X+2=0 c6 nghiém x = 2.

Bai 10. Vi gia tri ndo cua x hai ham sé sau c6 gid tri bang nhau:
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29 yy V=
a.y=—%xz+1vay=2x b. y=Xx"-2vay=3Xx+2

Bai 11. Tim m dé cac phuong trinh sau c6 nghiém kép:

a. X’ —4x+m=0 b. 2X*+mx+1=0

c. 2x*—2(m—-4)x+m*+m+3=0 d. mx* —4x+4m=0

Bai 12. Vi gia tri nao cua m thi cadc phuwong trinh sau c6 hai nghiém phan biét?
a X’ =2(m+1)x+m’+2=0 b. X*—mx+m+3=0

c. —X>+2mx+3=0 d. —x*+9x+12m=0

HUONG DAN GIAl
Bai 1. Khong giai phwong trinh, hiy xac dinh céc hé sb a, b, ¢ cia cac phuong trinh. Tinh biét
thirc delta A va cho biét s6 nghiém caa phuong trinh:

a. Phuong trinh X° —5X+1=0,cohésd a=Lb=-5vac=1
A=(-5)-4.11=25-4=21>0

Vay, phuong trinh ¢6 hai nghiém phén biét.

b. Phuong trinh 2x° —9x+10=0,co6hésé a=2;b=-9 va c =10
A=(-9)-4.2.10=81-80=1>0

Vay, phuong trinh ¢6 hai nghiém phén biét.

c. Phuong trinh 2x2 +7x+3=0,cohesb a=2:b=7vac=3
A=(7)-423=49-24=25>0

Vay, phuong trinh ¢6 hai nghiém phan biét.

d. Phuong trinh —X*> +6X—9=0,c6hésé a=—-1Lb=6 vac=-9
A=(6)"-4.(-1)(-9)=36-36=0

Vay, phuong trinh ¢6 nghiém keép.
Bai 2. Giai cac phuong trinh sau bang cong thic nghiém:

a. Phuong trinh X° —8X+17=0,cohésd a=Lb=-8 vac=17
A=(-8)-4.117=64-68=-4<0
Vay, phuong trinh v6 nghiém.

r

1
b. Phuong trinh Ex2—5x—3=0,céhesa a=
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A=(-5) —4%.(—3)=25+6=31>0:>JZ=\/E

Phuong trinh ¢6 hai nghiém phén biét:

M N AR LI

2.~ 2.~
2 2

Viy, phuong trinh c6 hai nghiém phén biét: X, =5—+/31;X, =5++/31.

c. Phuong trinh —x? +\/§X—1=0,Cé hé s6 a=—1;b=\/§ vac=-1.
A=(VB) ~4(-1)(-1)=5-4=1>0=A =1

Phuong trinh ¢6 hai nghiém phan biét:

I ) Y R () L
"= 2(-1) 2 7P 2(-1) 2
J§+1_X:J§—1
2 P2
d. Phuong trinh 5X% ++/3Xx—2=0,c6hé sé a=5;b=+/3 vac=-2

(@)Z—4.5.(-2):3+40=43>0:>JK=J4_3

Phuong trinh ¢6 hai nghiém phéan biét:

(B)-V83 _m-vim -(\B)+VER _B.a
_ X, = _

2.5 10 2.5 10
Vay, phuong trinh da cho c6 hai nghiém phan biét:

—J/3-+/43 —/3+/43
R T

Vay, phuong trinh c6 hai nghiém phan biét: X, =

Xfl:

10 10
Bai 3. Giai cac phuong trinh sau bang cong thic nghiém:

a. Phuong trinh 3X° +/2x-3+/2=0¢6
A:(\/E)Z—4.3.(—3+J§)=2+36—12J§=(6—J§)2 >0
:>\/Z=6—\/§

Phuong trinh ¢6 hai nghiém phén biét:
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~(v2)-(6-V2) 5

= _11
& 23 6
- -(V2)+(6-V2) 622 3.2
’ 2.3 6 3
Vay, nghiém cua phuong trinh la: X, =—1va X, = %
2 S .
b. Phuong trinh 5X° — 542X +E =0 co:
2 5
A=(-5v2) -45.2=50-50=0
2
-(-5v2) 2
Phuong trinh c6 nghiém kép: X, = X, = =
2.5 2
Vay, nghiém cia phuong trinh la: X, = X, = %

c. Phuong trinh x? —(1—\/§)X—\/§=0 co:
A:[—(l—x/é)]z ~41(—3)=4-23+4J3=4+23>0
:>\/Z=\/4+2\/§ =,/(1+\/§)2 =1+\/§

Phuong trinh ¢6 hai nghiém phan biét:

| -(1-V3)|-(1+3) 53

n= 2.1 T2 =3,
. |- B)]+(1443) 2
2.1 2

Vay, nghiém cta phuong trinh la: X, = —/3 va X, =1.

d. Phuong trinh XZ—(\/§—\/§)X—\/6=0 co:
A=[~(V3-2)| ~41(~6)=5-26 + 46 =5+216 >0
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= VA=\5+26 = [(V3+2) =VB+12
Phuong trinh ¢6 hai nghiém phén biét:

L] (5448) o

= 2.1 ==, =%
| —(v3-+2) |+(V3++2
JETEE TEER

Vay, nghiém cita phuong trinh a: X, = —/2 va X, =~/3.

Bai 4. Tim m dé phuong trinh c6 nghiém kép

a. Phuong trinh X° —10X+k +2=0 co:

A =(—10)2 —4.1.(k - 2) =100—-4k —8=92 -4k

Phuong trinh c6 nghiém kép <> A=0<92-4k =0< k =23
Vay, voi K =23 thi phuong trinh ¢6 nghiém kép X, = X, =5.

b. Phuong trinh X* + kx—3=0 c6:

A =k? —4.1.(—3) =k®+12>0 véi moi k. Do d6, phuong trinh ludn c6 hai nghiém phan
biét.

Vay, khéng c6 gia tri k thoa man diéu kién bai toén.

c. Phuong trinh X + 2kx+7 —k =0 co:

A=(2k)" —4.1.(7-K)=4k? + 4k - 28.

Phuong trinh c6 nghiém kép <> A =0 < 4k* + 4k — 28 = 0(*)

-1-V29 | -1+29
k= .

Giai phuong trinh 4k* + 4k — 28 = 0(*) ta dugc K =

2
Vay, véi k = @ thi phuong trinh c6 nghiém kép X, = X, = L+ ;/5
Véi Kk = %thi phwong trinh c6 nghiém kép X, = X, = 1- ;/ﬁ

d. Phuong trinh X° —(k +1)X—1=0 co:

A=[~(k+1)] ~4.1.(~1) = (k+1) + 4> 0 vei moi k.
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Do do, phuong trinh luén ¢ hai nghiém phan biét vai moi k.
Vay, khdng c6 gié tri thoa man yéu cau bai toan.

Bai 5. Tim m dé phuong trinh sau v nghiém.

a. Phuong trinh 3X* +2mx+4 =0 co:

A=(2m)’ -4.1.4=4m>-16

Dé phuong trinh vo nghiém

SA<0e4m’ -16<0em’ <4 -2<m<2
Vay, véi —2 <M < 2 thi phuong trinh da cho v6 nghiém.

b. Phuong trinh X* +2X+m =0 c¢:
A=2"-41m=4-4m

Pé phuong trinh vo nghiém < A<0< 4-4dm<0<4dm>4 < m>1
Vay, véi m > 1 thi phuong trinh di cho vo nghiém.

c. Phuong trinh —3X° + mx+2 =0 co:

A=(m)’ —4.(=3).2=m?+ 24> 0 vei moi m.

Do d6, phuong trinh ludn c6 hai nghiém phéan biét.

Vay, khdng c6 gié tri m thoa man dé phwong trinh v6 nghiém.

d. Phuong trinh —X° +(m - 2)X+9 =0 co:

A=(m-2)"—4.,(-1).9=(m-2)" +36 >0 véi moi m.
Do d6, phuong trinh luén ¢6 hai nghiém phan biét.
Vay, khdng c6 gié tri m thoa man dé phuong trinh vo nghiém.
Bai 6.
a. Phuong trinh 4X*> —mx—-15=0 co:

2 2 L. .
A=(-m)” —4.1,(-15)=m*+60>0 vsi moi m.

Do d6, phuong trinh luén ¢6 hai nghiém phan biét vai moi m, vai:

Xl_m—\/m2+60_x _ m++/m?+60
- 8 e 8 |

b. Phuong trinh X* —8X+4m? =0 co:

A=(-8)" -4.1(4m’)=64-16m’

Dé phuong trinh ¢ hai nghiém phan biét
SA>064-16Mm°>016m° <6dom’ <4 -2<m<2
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Vay, v6i —2 <M < 2 thi phuong trinh da cho c6 hai nghiém phan biét

2
X1=8—\/642—16m PN e

/ 2
x2:8+ 642 16m 4 oA
c. Phuong trinh 4X* +3x+m—1=0 c¢:
A=3-4.4(m-1)=25-16m

Dé phuong trinh ¢ hai nghiém phan biét

<:>A>O<:>25—16m>O<:>16m<25<:>m<i—;3

Vay, voi m < % thi phuong trinh da cho ¢6 hai nghiém phéan biét
-3—-+/25-16m -3++/25-16m
Xl = ; X2 = .
8 8
d. Phuong trinh 3X° — 2(m —l)X +3=0 co:
A=[-2(m-1)] ~433=4(m-1)"~36

Dé phuong trinh ¢ hai nghiém phan biét

<:>A>O<:>4(m—1)2—36>0<:>(m—1)2>%

m-1>3 m>4
=
m-1<-3 m< -2

sm-1)>9s {
Vay, véi M >4 hoic m< —2 thi phuong trinh di cho ¢6 hai nghiém phan biét

_2(m-1)-J4(m-1)'-36 _m-1-y(m-1)" -9

"= 6 3
) 2(m—1)+4(m-1)°-36 m—1+,/(m-1)° -9
2 6 } 3 |

Bai 7. Xéc dinh a, b’, ¢ rdi dung cdng thirc nghiém thu gon dé giai cac phuong trinh:

a. Phuong trinh X° —6X+8=0 cocachésé a=1b'=-3;c=8.

A'=(-3)-1.8=1>0
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e N 3-1 . 3+1
Phuong trinh ¢6 hai nghiém phan biét: X1=T=2,X2=—=4.

b. Phuong trinh 2X° —9X —5=0 c6 cac hé sb a=2;b'=—§;c=—5.

2
A'=(—gj _2(-5)=410-12 50
4 4

2
9 11 9 11
2 2 1. 3275
Phuong trinh c6 hai nghiém phan bigt: X, = % =-Ji%=2%=5
c. Phuong trinh X +5X —14 =0 c6 cac hé sb a=1;b':g;c =-14.
2
A'= E —1.(—14)=§+l4=§>0
2 4 4
5 9 5
—_— _7+7
Phuong trinh c6 hai nghiém phan bigt: X, = 21 2__7:x,= 21 =2,

d. Phuong trinh —X* +4X+12=0 cécachésé a=—-1b'=2;c=12.
A'=(2)" =(-1).12=4+12=16>0

o o —-2-4 -2+4
Phuong trinh c6 hai nghiém phan biét: X, = —1 =06;X, =
Bai 8. Hoc sinh tu xac dinh cac hé sé a, b’, ¢ va st dung cong thic nghiém thu gon dé tinh
nghiém cua cac phuong trinh.

a. Phuong trinh X* —4X + 2 = 0 ¢6 hai nghiém:
X, =2—/2~0,59; va x, =2 +~/2 ~3,41.

b. Phuong trinh X° — (1+ \/§)X +~/3=0 c6 hai nghiém:
x, =\3~1,73; va x, =1.
c. Phuong trinh X* + 7X —2 =0 ¢6 hai nghiém:

—7++/57 —7-57

~0,27; va X, ~—1,27.

d. Phuong trinh —X* + 7X —5=0 c6 hai nghiém:
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7+\/5 7—@

=7 £6,19; va x, =——~—~0,81.
T ? 2

Bai 9.

a. Phuong trinh 2X° + MX—6=0 c6 nghiém X = —2.
=2(-2)+m(-2)-6=0=2-2m=0=m=1

3
Khi m=1, ta c6 phuong trinh 2X° + X —6 =0 c6 hai nghiém X = E; X=-2.

b. Phuong trinh (M—5)X* =X+ 2=0 c6 nghiém X = 2.
<:>(m—5)22—2+2=O<:>4m—20=0<:>m=5

Khi m=5, ta ¢c6 phuong trinh —X + 2 =0 cd mot nghiém X = 2.
Bai 10.

. 1 .
a. Haihamso y= ) x> +1 va y =2X cb gia tri bing nhau khi va chi khi X 1a nghiém cua

phuong trinh: —%Xz +1=2Xx < —%Xz -2x+1=0

Giai phuong trinh ta duoc nghiém X =—2 —/6:x =—2++/6..
Vay, voi X=-2— \/5; X=-2+ \/E thi hai ham s da cho c6 gia trji bang nhau.
b. Hai ham s§ y=x*—2 vay = 3x + 2 c6 gia tri bing nhau khi va chi khi X Ia nghiém cua

phuong trinh: X* —2=3X+2< x* -3x-4=0
Giai phuong trinh ta duoc nghiemXx =-1x=4.
Vay, véi X = —1; X = 4 thi hai ham s6 di cho c6 gia tri biang nhau.

Bai 11.
2 L . a=0
a. Phuong trinh X* —4X+mM=0 c6 nghiém kép < A0
o 9 az0 10
Véi A'=(-2)°-1.m=4—-m.Suyra & & m=4
A'=0 4-m=0

Vay, véi M =4 thi phuong trinh da cho ¢6 nghiém kép.
a=0

b. Phuong trinh 2X* + MX+1=0 c6 nghiém kép < {A 0

V6i A=m?—4.2.1=m*-8.

Lién hé tai liéu word mén toan: 039.373.2038 TAI LIEU TOAN HOC



Website:tailieumontoan.com

S a0 270 m? =8« m=142/2
uy ra = = =0 =
YIAZ07 Im?—8=0

Vay, véi m = iZ\/E thi phuong trinh da cho c6 nghiém kép.

a=0
A'=0
V6i A'=[-(M=4)F -2.(m* +m+3)=m*-8m+16—2m* —2m—6
A'=-m®-10m+10

{a;«to {27&0 {m:—S—\/ﬁ
Suy ra

c. Phuong trinh 2X* —2(M—4)X+m* + m+3 =0 c6 nghiém kép < {

= =
A'=0 —m?-10m+10=0 m=-5++/35

Vay, véi m=-5-+/35 hoic m=-5++/35 thi phuong trinh da cho c6 nghiém kép.
) o ) a=0
d. Phuong trinh MX“ —4X+4m =0 c6 nghiém kép < A=

V6i A'=(=2)* —m.Am = 4 — 4m’

a=0 m=0 m =0 m=1
Suy ra . = ) =9, =
A'=0 4—-4m* =0 m°=1 |[m=-1
Vay, véi m=1;m = -1 thi phuong trinh da cho c6 nghiém kép.
Bai 12. V6i gia tri nao cua m thi cadc phuwong trinh sau c6 hai nghiém phan biét?
. 2 2 A N a0
a. Phuong trinh X° —2(M+1)X+ m* + 2 =0 c6 hai nghiém phan bigt < A'S 0
>

Véi A'=(m+1)°-1.(m* +2)=m*+2m+1-m*-2=2m-1

a=0 1+0 1
Suy ra = S m>—
A'>0 2m-1>0 2

1
Vay, voi m > E thi phuong trinh da cho ¢6 hai nghiém phéan biét.

a0

b. Phuong trinh X* —mxX + M+ 3 =0 c6 hai nghiém phan biét < {A 0
>

V6i A=(-m)*—4.1.(m+3)=m’-4m-12=(m-6)(m + 2)

a=0 1+0 .
Suy ra S (Dieu kien A.B >0 Tdp 1 - Chuong 1)
A>0 (m-6)(m+2)>0
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(mM-6>0 [(m>6
m+2>0 m> -2 {m>6

= =
m-6<0 m < 6 m< —2
m+2<0 m< -2
Vay, véi m > 6 hoic m < —2 thi phuong trinh da cho c6 hai nghiém phan biét.
a=0

A'>0

c. Phuong trinh —X* +2mX + 3 =0 c6 hai nghiém phan biét < {

V6i A'=m? —(=1).3=m’ +3> 0 véi moi giatrichiamvahesb a=-1=0.
Vay, phuong trinh da cho luon c6 hai nghiém phan biét véi moi gia tri caa m.
2 e a=0
d. Phuong trinh —X° + 9X +12m =0 c6 hai nghiém phan biét < A0
>

V6i A=9°—4.(-1).12m =81+ 48m

a=0 -1#0 -81
Suy ra = SMmM>——
A>0 81+48m>0 48

-81
Vay, véi m > 4_8 thi phuong trinh da cho ¢6 hai nghiém phén biét.

c. Dang 3. Ung dung hé thirc Viét
Khéng giai phuong trinh, tinh tong va tich cac nghiém sé

+ Dinh 1i Viét: néu XX, 1 hai nghiém cua phuong trinh ax’ +bx+c=0 (a=0) thi
téng va tich cua hai nghiém 1a:

Giai phuong trinh bang phuong phap tinh nham nghiém
Phuong trinh ax’ +bx+¢ =0 (a # 0) c6 cac hé sé thoa man:

c
+ Trudng hop: a+b+C =0 thi phuong trinh c6 nghiém X, =1;X, = —.
a

C
+ Trudng hop: @ —b+C =0 thi phuong trinh c6 nghiém X, = -1 X, = ——
a

Tinh gia tri biéu thtrc ddi xang gitra cac nghiém X;; X, ciia phuong trinh
Pé lam dang toan nay cac em can nhg mot s6 biéu thire sau:
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X7+ X2 = (X +X,)" —2xX, =5° - 2P

o (X =%)" =(X +X%)" —4xx,=S"-4P

o X2HX1=(X+X%)"=3xX, (X +X,)=5>-3SP

o X1 +x1=(x2+x%7)"-2x°x,°> =(58* - 2P)* - 2P?

1 +i=M=§

X, X, X, P

X, X +X° S§°-2P

x x5 P

4. Lap phuong trinh bac hai khi biét tong va tich hai nghiém caa phwong trinh:
u+v=3

Néu u va v 1a hai s can tim c6 { 5 thi hai s6 d6 1a hai nghiém cua phuong trinh:
uv=

%
Ay
X2

X?—-SX +P=0. (biéu kién dé c6 hai sé @6 1a: S* —4P >0).
Vi du minh hea 1: Khdng giai phuong trinh, dung hé thirc Viét hdy tinh tong va tich cac nghiém
ciia mdi phuong trinh sau:

a)3x° —11x+4=0 by X2 —3J7x+24/3=0
c) 2x* —8x+8=0 d) 7x* —4x+1=0
Huwong dan giai:
a. Phuong trinh 3X* —11x+4=0 c6: A=(-11)* —4.3.4=121-48=73>0
Suy ra phuong trinh da cho cé hai nghiém phan biét X; X, .
4

11
Theo hé thic Viét taco: X, + X, = g; XX, = 3

b. Phuong trinh X —3J7x+24J3=0c6: A= (—3\/7)2 —4.1.2:/3=63-8/3>0
Suy ra phuong trinh da cho cé hai nghiém phan biét X;; X, .

Theo hé thuc Viét ta co: X, + X, = 3J7; X, X, = 243.

c. Phuong trinh 2X* —8x+8=0 c6: A'=(-4)*-2.8=16-16=0

Suy ra phuong trinh da cho c6 nghiém kép X, =X, .

Theo hé thuc Viét ta co: X, + X, =4; X,.X, =4.

d. Phuong trinh 7X* —4X+1=0c6: A'=(-2)°-7.1=4-7=-3<0

Suy ra phuong trinh da cho vo nghi¢m.
Vi du minh hea 2:
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a. Chtng to ring phuong trinh 7X* —3X —54 =0 c6 mot nghiém 1a 3. Tim nghiém con lai.

b. Cho phuong trinh 4X* +3X+m? —5=0. Biét phuong trinh ¢6 nghiém X =—1, hdy ding

hé thire Viét dé tim nghiém con lai cua phuong trinh, tir d6 tinh gié tri cua m.

Huéng dan giai:

a. Thay X, =3 vao phuong trinh 7x* —=3x—-54=0 duoc:

7.32-3.3-54=63-9-54=0 nén X, =3 1a mot nghiém cua phuong trinh.

e s ) 3 3 3 -18
Theo dinh li Viét, taco: X, + X, == 3+ X, =X, =—-3 X, =——.
7 7 7 7

b. Phuong trinh 4X* +3X+m? —5=0 c6 nghiém X, =—1.

) by ) -3 -3 -3 1

Ap dung hé thae Viéttaco: X, + X, =— -1+ X, =— S X, =—+1S X, =~
4 4 4 4

Cling theo hé thirc Viét ta co:

XX, = m* -5
X, 2
Vay, véi m =2 hoic M =—2 thi phuong rinh da cho c¢6 nghiém X = —1.

Vi du minh hea 3:

2
M =S L lem? Semicdemed2

1
@Z.(—l) =

Cho phuong trinh 3X* +5X—6=0 c6 nghiém X;X,. Khong tinh gi4 trj cua X ;X, hay lap
phuong trinh bac hai ¢ hai nghiém la u va v.
Biét u:x1+i vav:x2+l.

X, X
Huwong dan giai:
Phuong trinh 3X*+5X—-6=0 c6 hé sda=3>0;c=-6<0. Do d6 tich ac<0 nén
phuong trinh luén c¢é hai nghiém phan biét.

e -5 .
Theo dinh Ii Viét, ta c6: X, + X, = ?; X,.X, =—2. Khi dé:

Lién hé tai liéu word mén toan: 039.373.2038 TAI LIEU TOAN HOC



Website:tailieumontoan.com

U4V =X 4+t 1 1
% X, 2 X, u.v=(x1+x—2}[x2+zj

1 1
:(X1+X2)+[X_+_j =X1X2+i+2

2 Xl Vé. X1X2
X, + X, 1
=(X, +X,)+| —= =-2+—+2
(%) [le L
5 5 -5 -1
=t —=—
3 6 6 2

5 1
Vay, u va v la nghiém cia phuong trinh: X ? + 5 X - 2 =0.

BAI TAP TU LUYEN
Bai 1. Khong giai phuong trinh, hiy dung hé thac Viét, tinh tong va tich cc nghiém cua cac
phuong trinh sau:

a 2X*+5x+3=0
b. 3x* —11x+4=0
c. X2 +2(1+~/3)x++/3=0

(7 =V3)X2 +2x++/7 +/3=0
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Bai 2. Dung diéu kiéen a+b+c=0 , hoic a—b+c=0 dé nham nghiém cia mdi phuong
trinh sau:

a) 3x*—4x+1=0

b) —4x*-3x+7=0

) X*+(@++/5)x++/5=0

d) 3x>—(3+5)x+/5=0

) (V3-2)x*+23x+~/3+2=0
f) (5-+2)x?-10x+5++/2=0

Bai 3. a. Cho phuong trinh 2X* +5X + 2 =0. Biét phuong trinh c¢6 mot nghiém X = —2. Sir
dung dinh li Vi ét dé tim nghiém con lai.

b. Cho phuong trinh —3X* +5X+12 =0. Chang té phuong trinh ¢6 mdt nghiém x = 3. Sir
dung dinh li Vi ét dé tim nghiém con lai.

Bai 4. Hay str dung hé thic Vi ét dé tim nghiém con lai va tham sé m trong mdi phuong trinh
sau:

. 7
a. Phuong trinh 3x* —10X +3m +1=0, biét phuong trinh c6 nghiém X, = 3

b. Phuong trinh 4X* —2X+m—3=0, biét phuong trinh c6 nghiém X, =3.

c. Phuong trinh X* —8X +2m?® + 7 =0, biét phuong trinh c6 nghiém X, =5.

Bai 5. Tim hai s6 u, v trong mbi trudng hop sau:

a. U+v=29 vauv=198 c. u—v=-2vauv=280
b. U+v=3J2 vauv=4 d u®+v>=13vauv==6
Bai 6. Lap cac phuong trinh bac hai ¢6 cac nghiém la cac cap so sau:
a. 5va2

. e. \/_ 1va

b. 7va9 \/__
c.3va% t V243 va 23

d. -5va l
5

Bai 7. Cho phuong trinh X* —5X+6=0 c6 hai nghiém X,; X, . Khéng giai phuong trinh, hay
tinh gié tri cac biéu thic sau:

a. A=X"+X,’ b. B=x°+x,°
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2 X2

d. D:X1 + 2

2 2

X

Bai 8. Cho phuong trinh 2X° — 7X +6 =0 c6 hai nghiém X,; X, . Khdng giai phuong trinh, hay
lap phuong trinh c6 hai nghiém 12 hai s6 duoc cho trong méi truong hop sau:

a. u:i;V:i b. u=1+x;v=1+X,

X X,
Bai 9. Cho phuong trinh X* —12X+ M =0. Tim m dé phuong trinh c6 hai nghiém X;; X, thoa

man diéu kién sau:

a X —X,=-2

3
b. X1:§X2
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HUONG DAN GIAI

Bai 1.

a. Phuong trinh 2X* +5X+3=0 c6 A=5*—-4.2.3=25-24=1>0. Phuong trinh ¢6 hai
nghiém phan biét: X, + X, = _75; X.X, = %

b. Phuong trinh 3X* —11x+4=0 c6 A =11*-4.3.4=121-48=73>0. Phuong trinh co
hai nghiém phan biét: X, + X, = 1—;'; XX, = %

¢. Phuong trinh X + 2(1+~/3)X+~/3=0 ¢6
A'=1++3)°-\3=4+2J3-3=4+3>0.

Phuong trinh c6 hai nghiém phan bigt: X, + X, = —2(1+v/3);X.X, = /3.
d. Phuong trinh (/7 —~/3)X% + 2Xx + /7 +~/3=0 ¢c6

A=2°~ 4(\/7 - \/5)(\/7 + \/§) =4 —4(7—-3)=-12 < 0. Phuong trinh vd nghiém.

Bai 2. Dung diéu kién a+b+c=0, hoic a—b+c=0 dé nham nghiém caa mdi phuong
trinh sau:

a. Phuong trinh 3X* —4x+1=0c6é a+b+c=3+(-4)+1=0
Nén c6 nghiém X =1 va XZ%'

b. Phuong trinh —4X* —=3x+7=0c6 a+b+c=(-4)+(-3)+7=0

Nén c6 nghiém X =1 va X=T.

¢. Phuong trinh x2+(1+\/§)x+\/§:0 c a—b+c=1—(1+\/§)+\/§:0
Nén c6 nghiém X =—1 va X:\/E.
d. Phuong trinh 3x2—(3+\/§)x+\/§=0 c a+b+c:3—(3+\/§)+\/§:0

J5

Nén c6 nghiém X =1 va Xz?.

e. Phuong trinh (\/5—2)x2+2\/§x+\/§+2:0 c6
a-b+c=+3-2-23+3+2=0

J3+2
J3-2

f. Phuong trinh (5—~/2)x? 10X +5++/2 =0 c6

Nén c6 nghiém Xx=-1va Xx=
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a+b+c=5-2+(-10)+5+~2=0

5+\/§
52

Nén c6 nghiém x=1va X =

Bai 3.

a. Cho phuong trinh 2X% +5X + 2 = 0. Phuong trinh ¢6 nghiém X =—2. Ap dung dinh Ii Vi ét
-5 -1

ta co: X1+X2=_?5<:>—2+X2=7<:>X2=7.

b. Cho phuong trinh —3X” +5X +12 = 0. Phuong trinh ¢6 nghiém x = 3. Ap dung dinh Ii Vi ét

, 3) 5 -1

tach: X, +X,=—=3+X,=— X, =—.
3 3 3

Bai 4.

7
a. Phuong trinh 3Xx*> —10X + 3m +1=0. Phuong trinh c6 nghiém X, = 3

5 g 10 7 10
Ap dung dinh li Vi ét ta co: X1+X2:?<:>§+X2:?<:>X2:1.
Khi do, xlxz=3m3+1<:>%=3m+1<:>3m+1=7<:>m:2.

7
Vay, véi m = 2 thi phuong trinh ¢6 nghiém X, = 3 va nghiém con lai X, =1.

b. Phuong trinh 4X* —2X+m -3 =0, biét phuong trinh c6 nghiém X, = 3.

; Ny A 1 1 -5
Ap dung dinh Ii Vi ét ta co: X1+X2=§<:>3+X2=§<:>X2=7.
m-3 -15 m-3

— &m-3=-30m=-27.
4 2 4

Khi do, X,.X, =

Vay, véi m = -27 thi phuong trinh c6 nghiém X, =3 va nghiém con lai X, = >

c. Phuong trinh X* —8X+2m? +7 =0, biét phuong trinh c6 nghiém X, =5.
Ap dung dinh Ii Vi éttaco: X, + X, =8 <=5+ X, =8 X, =3.

2
Khi do, xl.xz:2m—1+7<:>15:2m2+7<:>2m2—8:0<:>m2:4<:>m:12

Vay, véi m =22 thi phuong trinh c6 nghiém X, =5 va nghiém con lai X, = 3.
Bai 5. Tim hai s u, v trong mdi trudng hop sau:

a. Taco: U+v=29 vauv=198

N&n u, v 12 hai nghiém cia phuong trinh: X2 —29X +198=0
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Giai phuong trinh ta dugc nghiém X = 18; X = 11.
u=18 {u:ll

Vay, hai s6 can tim la { . hozc
V=

b. Tacs: U+V=3v2 va uv=4
Nén u, v 13 hai nghiém cua phuong trinh: X 32X +4=0
Giai phuong trinh ta dugc nghiém X = 2\/5; X =+/2.

u:ZJE u:JE
hoac .
v=2J§

Vay, hai s6 can tim la
{VZJE

c. u—v=-2vauv=280
Pitv’ =-v,taco U+Vv'=-2 va u.(-v)=80<uv'=-80

N&n u, v’ 14 hai nghiém cia phuong trinh: X2 +2X —80=0
Giai phuong trinh ta duoc nghiém X =8; X =-10.

u==8 u=-10
Suy ra hoac .
10

V'i=— v'=8
.. . . lu=8 u=-10
Do @6, hai so can tim la hoac .
v=10 v=-8

d. u?+v?=13vauv=6
Ta co: u2+v2:13¢:(u-+vf-—2uv:13
u+v=>5

¢3(u+402—12:13¢:(u+402:25¢3{
Uu+v=-5

Truong hop 1: U+V =5 va UV =6 thi u, v 12 hai nghiém cta phuong trinh X?—-5X +6=0
. Giai phuong trinh ta duoc nghiegm X =3; X =2.

N L u=2
Suy ra hai so can tim la hoac .
v=2 v=3

Truong hop 2. U+Vv=-5 va uv=6 thi u, v la hai nghiém cta phuong trinh
X?+5X +6=0. Giai phuong trinh ta duoc nghiém X =-3; X =-2.

. . |u=-3 u=-2
Suy ra hai so can tim la hoac .

v=-2 v=-3
, .. |u=3 u=2 u=-3 u=-2
Keét luan: Vay, hai so can tim la hoac hoac hoac .
v=2 v=3 V=-— v=-3
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Bai 6. Lap cac phuong trinh bac hai c6 cac nghiém 1a cac cip sé sau:

a. Hai s 5va2cotong 1a 5+ 2 = 7 vatich 12 5.2 = 10 nén nd la nghiém caa phuong trinh sau
x* —7x+10=0.

b. Hai s6 7 va 9 c6 tong 14 7 + 9 = 16 va tich 12 7.9 = 63 nén nd la nghiém cua phuong trinh sau
x* —16x+63=0.

3 :
= Z nén no la nghiém cua phuong trinh

.. 1 13 1
c. Hais63va — cotong la 3+ —=— vatichla 3.— =
4 4 4 4

sau XZ—EX+§=O.
4 4

. 1 . 1 -24 1
d. Hai so -5 va 5 co tong la _5+§=T va tich la —5.g=—1 nén nd la nghiém cua

24
phuong trinh sau X* + ?X -1=0.

VST Che J-NCh B
J5-1 f— 4 4

1 5V5-3
tich la (\/g —l).— =1 nén né Ia nghiém ciia phuong trinh sau X — \/:1 X+1=0.

J5-1
f. Hai s6 V2++/3 va V2 -3 6 tong 1a 2 +/3+2-3=242 va tich 1a
(\/E + \/5)(\/5 —\/5) = —1 nén né 1a nghiém cita phuong trinh sau X* — 22x-1=0.

Bai 7. Phuong trinh X* —5X+6=0 c6 A=(-5)>-4.1.6=1>0 nén phuong trinh ¢ hai
nghiém phan biét X ; X, .

e. Hai s6 /5—1 va

co tong la f 1+—

< . . {X1 +X, =5
Ap dung hé thuc Vi ét ta co:
X,.X, =6
a. Biéuthuc A= X" +X,> = (X + X,)° — 2X,X,
b. A=(-5)" =2.6=25-12=13 B=x"+X," = (X + X,)* = 3%%, (X + X,)

B=5°-3.65=125-90=35
+i_ X, + X, _E

X, X, X, 6

c.C=
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(%) - 2><1x2}2 ~2(x%)" [(5)2-26] ~2(6)?

(%%,)° (6)*
(65 -26] -2(6) (3y-72_97
(6)> 36 36

Bai 8. Cho phuong trinh 2X* —7X + 6 = 0¢6 hai nghiém X.; X, . Khong giai phuong trinh, hay
lap phuong trinh ¢ hai nghiém 1 hai s6 dugc cho trong méi truong hop sau:

D

Phuong trinh 2X> —7X+6=0 c6 A=7"-4.2.6=1>0nén phuong trinh c6 hai nghiém
phan biét X;; X,

7
. . T =7
Ap dung hé thirc Vi-et ta co: 2
XX, =3
. 1 1 . 1 1 +X, 7
aHai s6 u=-—;v=-— c¢6 tong Ia u+V=—+—:b:— va tich 1a
X X2 XX XX
11 1 1, o ‘ 2 7
uv=—-—=——==nén U,V langhiém cta phuong trinh sau: X ——X+—==0
X, X, X, 3 6 3
b. Hai s6 U =1+ X;;V=1+X,c0
; 7 11
Tongu+V=(1+X1)+(1+X2)=2+(X1+X2)=2+E=E

Tich uv = (14 % )(1+ %, ) =1+ (X + X, ) + XX, :1+%+3:%

11 15
Nén u,V langhiém ctaa phuong trinh: x? —EX + ? =0

Bai 9. Phuong trinh X> —12X+m=0c6 A =6°—-m=36—-m
Pé phuong trinh c6 hai nghiém phan biet & A >0<36-m>0< m<36
X, +X, =12 (1)

Khi do6 ap dung h¢ thuc Vi-et ta co: {
XX, =m (2)

. . +X, =12 =5
a.Keét hop gia thiet X, — X, = —2 ta c6 hé phuong trinh: {Xl ? = {Xi

X, — X, =—2

Thay cac giatri X, =5;X, =7 vao (2)tacoé m=5.7=35

Vay véi m =35 thi phuong trinh ¢6 nghiém thoa méan bai toan.
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3 X, +X,=12 X, = 36
b.Két hop gia thiét X = E X, , ta c6 hé phuong trinh: 3 = 254
= E %2 X; = ?

i 36 24 , 36 24 864
Thay cac giatri X, =—;X, =—vao (Q)taco M=—-—=——
5 5 5 5 25
o o 864 ‘ AL
Vay véi m = E thi phuong trinh thoa man diéu ki¢n bai toan.

d. Dang 4. Giai va bién luan phwong trinh bic hai c6 chira tham sé

Cho phuong trinh bac hai c6 chira tham s, thuong 1a tham s6 m ¢6 dang:

f(x,m] =0

1. Giai phuong trinh khi biét gia tri ciia tham s6
Phuong phap: Thay gia tri m vao phuong trinh dé tim nghiém.

2. Tim tham s6 khi biét nghiém x, ctia phuong trinh
+ Thay x, vao phuong trinh, ta tim dugc gia tri m.
+ Kiém tra xem gia tri m c6 thoa méan diéu kién bai toan khong. Néu thoa méan,
ta két luan d6 1a gia tri m can tim.

3. Tim tham s6 m dé phuong trinh bac hai
+ Trong bai toan tim tham s6 m dé phuong trinh bac hai théa man diéu kién
vé s6 nghiém, mdi quan hé giira cac nghiém, ...
Ta can phan tich yéu cau bai toan dé xac dinh ding cac diéu kién can thiét.
Néu tham s6 m c6 mat & hé sé a, ta can phai cht y diéu kién twong tng caa né.

Céc dang toan thuong gap khi c6 tham s 1a tim m dé phuong trinh:

. a=b=0 _ ) a#0
Phuong trinh v6 nghiém < Phuong trinh c6 nghiém kép <
c#0 A=0
a#0
hoac
A<O
Phuong trinh ¢6 2 nghiém phan biét Phuong trinh ¢6 2 nghiém trai dau
a#0
= < ac<0
A>0
Phuong trinh (*) c6 2 nghiém cuing du Phuong trinh ¢6 2 nghiém duong
a#0 a#0
-— £\ . A\ ()
Lién hé tai liéu word mon toan: 039.373.2038 TAI LIEU TOAN HOC
= > = >
S>0




Website:tailieumontoan.com

Phuong trinh ¢6 2 nghiém am Phuong trinh ¢6 2 nghiém phan biét am
(a#0 (a#0
A=0 A>0
<9 e
P>0 P>0
$<0 1$<0
Phuong trinh ¢6 2 nghiém ddi nhau Phuong trinh c6 2 nghiém phan biét ddi
(120 (a#0
a+
] 4 A>0
A=0 nhau <
=3 <0 P<0
<
$=0
$=0

Phuong trinh ¢6 2 nghiém phan biét théa | Phuong trinh ¢6 2 nghiém phéan biét thoa

a+0 (a#0

X, <a<x,<1A>0 A>0
a.f(a)<0 a<x<x,<qaf(a)>0

—>a

Phuong trinh ¢6 2 nghiém phan biét théa | Phuong trinh ¢6 1 nghiém: c6 2 TH

(a#0 _ ,
+ Phuong trinh ¢c6 mét nghiém duy nhat
A>0 a=0
x1<x2<a’<:><a_f((z)>0 <Z>{b¢0
\_ sa + Phuong trinh c6 nghiém kép
a#(
=
A=0

4. Tim hé thic lién hé gitra hai nghiém khéng phu thudc tham sb
Phuong phap: Biéu thic lién hé khéng phu thudc m 1a biéu thie khdng cé chira tham sb
m. Ap dung hé thtc Vi ét gébm tong va tich caa hai nghiém. Biéu dién tham sé m theo céc
nghiém (rat m).

N —
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Vi du minh hea 1: Cho phuong trinh: X* — (2m + 3)X +m=0

a. Giai phuong trinh véi m =2

b. Chirng minh phuong trinh luén ¢6 hai nghiém phén biét vai moi m

c. Viét hé thuc lién hé gitra X, X, ma khong phu thuoc vao m

HDG:

Phuong trinh: X* — (2m + 3) X+m=0 (1)

a. V6i, phuong trinh (1): X> = 7X+2=0

A= (—7)2 —4.1.2=41> 0, nén phuong trinh c6 hai nghiém phan biét
_7+4/41 L T Ja1

Ty T

b. Phuong trinh: X° — (2m + 3) X+m=0 (1)co

A=(2m+3)° —4.1m=4m? +12m +9—4m

=4m? +8m+9=4m? +8m+4+5=(2m+2)° +5>0,vm

Vay phuong trinh (1) luén c6 hai nghiém phan biét vai moi m.
c. Theo cau b. Phuong trinh (1) ludn c6 hai nghiém phéan biét vai moi M nén &p dung he thuc
Vi-ét ta co:

X, +X,=2m+3
{xl.x2 =m

Thay M= X.X, Va0 X, + X, =2m+3 (*)

Vay biéu thtc lién hé gitra X, + X, khong phu thuoc vao 13 X, + X, = 2XX, +3

Vi du minh hea 2: Cho phuong trinh: MX* — 2(m +1)X +m-5=0

a. Xac dinh m dé phuong trinh c6 mot nghiém duy nhit.

b. Xac dinh mdeé phuong trinh c6 mt nghiém.

c. X4c dinh M dé phuong trinh c6 hai nghiém thoa man he thue (X, +1)(x, +1)=3
HDG:

Phuong trinh: mx* — 2(m +1)X +m-5=0

a. Bé phuong trinh c6 mot nghiém duy nhat

= = <m=0
b0 |-2(m+1)#0 |m=-1
Vay véim =0 thi phuong trinh dd cho c6 mot nghiém duy nhat.
b. Bé phuong trinh c6 mot nghiém:
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a=0 m=0 m=0
THI: = = &Sm=0
b0 —2(m+1)¢0 m=—1
TH2:
a=0 m=0
=
A'=0 (m+1)2—m(m—5)=0
m=0 m=0 m#0 -1
< 2 2 < < -1 M=—
m +2m+1-m-+5m=0 Tm+1=0 m:7 7

-1 )
Vay m=0 hoicm= - thi phuong trinh c6 mot nghiém.

c. X4c dinh M dé phuong trinh c6 hai nghiém thoa man he thue (X, +1)(x, +1)=3

, _ _|la=0
D¢ phuong trinh ¢6 nghiém X;; X, thi q
A'>0

a=0 m=0 m=0
= = ) =3 2
A >0 (m+1) —m(m—5)20 m+2m+1-m*+5m>0

m=0
m =0
g 1
{7m+120 m>—7

Khi do6, phuong trinh ¢6 hai nghiém X;; X, :
2m+1
X tX =

m
m-5

XX, = ——
2 m

Theo & ra (X +1)(%,+1)=3 XX, +(X +X,)+1=3< XX, + (X +X,) =2
m-5 2m+1 3m-4
+ =2& =
m m m

Két luan: Vay v6i m = 4 thi phuong trinh c6 hai nghiém thoa diéu kién bai toan.
Luu y:
O cau nay, hoc sinh cha y, do mize dé phong phu cua Tiéng Viét nén gédp dé yéu cdu phwong
trinh c6 MOT NGHIEM (hogc MOT NGHIEM DUY NHAT) thi cac em can phan biét chinh xac.
Néu dé yéu cau phwong trinh cé 1 nghiém thi sé ¢é hai truong hop théa man 1a:

Ap dung hé thirc Vi ét ta co:

2<3m—4=2m< m=4 (thoa didu kien)
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Phuong trinh ¢6 I nghiém duy nhat
b=0

Néu dé yéu cau phirong trinh ¢é 1 nghiém duy nhat thi chi ¢ trwong hop {b 0
#

#0

s \ a
Néu dé yéu cau phuong trinh c6 nghiém kép thi {

BAI TAP TU LUYEN
Bai 1. Cho phuong trinh: X2 —2mX+4m—4=0
X +1 LKt 1 13
X, X, 4
b. Viét he thic lién hé gitta X;; X, ma khdng phy thuc vao tham sé m

a. Tim m dé phuong trinh ¢ hai nghiém thoa man

Bai 2. Cho phuong trinh: X* —5X+2m—1=0
a. Vi gid tri nao ctia m thi phuong trinh ¢6 hai nghiém phan biét
: X, 19
b. Timm dé L+ 2 =7
X, X% 3
Bai 3. Cho phuong trinh: X° — 2(m +1)X +2m+10=0
a. Tim m dé phuong trinh ¢6 2 nghiém phan biét
b. Tim GTNN cua biéu thiac A=10X,.X, + X} + X
Bai 4. Cho phuong trinh: (m - 4)X2 —2mx+m-2=0
a. Giai phuong trinh véi m=3
b. Tim m dé phuong trinh ¢6 nghiém X = 2, tim nghiém con lai
c. Tim m dé phuong trinh ¢ hai nghiém phan biét.

Bai 5. Cho phuong trinh: X* —4x+m-1=0

Tim m dé phuong trinh c6 2 nghiém théa man: X, = 2.X,

Bai 6. Cho phuong trinh: mx?* — 2(m + 3) X+m-2=0

a. Vi gia tri nao ctia m thi phuwong trinh ¢ hai nghiém phan biét.
b. Tim m thoa mén hé thirc 3x,X, —2(X, + X, )+7=0

c. Viét hé thuc gitra X;; X, ma khong phu thuoc vao m.

Bai 7 : Cho phuong trinh X —(m —3)X -m=0

a. Vi gia tri ndo cua M thi phuong trinh c6 hai nghiém phan biét
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b. Tim M dé phuong trinh c6 nghiém bang —2. Tim nghiém con lai.
c. Tim m & phuong trinh c¢6 hai nghiém X, X, thdo mén hé¢ thirc :
3(X +X,)— XX, 25

Bai 8 : Cho phuong trinh X> —2X+mM—3=0
a. Tim m dé phuong trinh ¢ hai nghiém
b. Vi gid tri nao cia M thi phuong trinh ¢6 hai nghiém théa mén h¢ thac :

x>+ x5 =—-20
Bai 9 : Cho phuong trinh X’ —2(m —3)X+ m’>+8m+6=0
a. Tim M dé phuong trinh c6 hai nghiém X, X, théa man X12 + X22 =34
b. Véi gia tri m cua cau a. Khéng giai phuong trinh hiy tinh gia tri cua biéu thic:
A=t X
X X
Bai 10 : Cho phuong trinh X* —2(m—-1)x-m—-4=0
a. Ching minh phuong trinh luén ¢6 hai nghiém phan biét véi moi m
b.Tim M dé phuong trinh ¢6 hai nghiém X, X, thoa méan hé thuc X; + X; = 40
c. Viét hé thuc lién hé gitra X, X, ma khong phu thugc vao m
HUONG DAN GIAl
Bai 1: Phuong trinh X° —2mXx+4m—-4=0
Co A'= (—m)2 —1(4m — 4) =m’-4m+4= (m — 2)2 >0 véi moi M nén phuong
trinh lubn co6 hai nghi¢m phén biét X, X,
X, + X, =2m

Ap dung hé thic Vi-et ta co
XX, =4m—4

oo o X+l % +1 13
a. Phuong trinh c6 hai nghiém thoa mén + =

X, X, 4
<:>xf+x1+x22+x2:E@(><1+X2)2_2x1x2+(x1+x2):E
XX, 4 XX, 4
om)’ - - 2_
<:>(m) 2(4m 4)+2m=E©4m 6m+8=13
4dm -4 4 m-1
2_ 4m? — ~13(m-1
©4m 6m+8_13=0<:> m* —6m+8-13(m )=O
m-1 m-1
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4m? —19m+ 21 {4m2 —19m+21=0
= =0

m-1 m-1-0
Tm=3
. m=3
Sdm=—o 7
4 m=—
(m=1

Vay v6i m=3 hoic m=7 thi phuong trinh dd cho c6 hai nghiém théa man

x1+1+x2+1:E

X, X, 4
b. phuong trinh lu6n c6 hai nghiém X, ; X, véi moi m, ta co
X+X
X, + X, =2m m= X +X, XX, +4
= Suy ra: 2= — o 2(X + X, ) = XX, +4(%)
XX, =4m—4 m—X1X2+4 2 4
4

Vay biéu thirc lién hé gitra hai nghiém khong phu thuge m 1a: 2(X, + X, ) = XX, + 4(*)

Bai 2: Phuong trinh: X* =5+ 2m—1=0
a. Phuong trinh ¢6 hai nghiém phan biét

a=0 10 29
= = & -8M+29>0om<—
A>0  [(-5)°-4.12m-1)>0 8

: 29 :
Vay, voi m < ?thi phuong trinh ¢6 hai nghiém phan biét

X, 19
b. Phuong trinh c6 hai nghiém A% 2
X, X 3
. o a=0 29
bé phuong trinh c6 hai nghiém < &M< —, khido
A>0 8
< Lt s £ XX =5
Ap dung dinh ly Vi ét ta co:
XX, =2m-1

Ta co:
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X, X 19 X +x 19 (x+%) -2-x%% 19
X % 3 XX 3 XX 3
2
@(5) 2(2m )Q=0©75—12m+6—38m+19=0
2m-1 3 3(2m-1)
75—12m+6—38m+19=0©—50m+1oo=0©m=2(TMDK)
3(2m-1) 3(2m-1)

Vay, véi m =2 thi phuong trinh dé cho ¢ hai nghiém théa man diéu kién
Bai 3: Cho phuong trinh: X* — 2(m +1) X+2m+10=0
a=0

a. Bé phuong trinh c6 2 nghiém phan biét <> <
A >0

a=0 1#0 )

= R = ) <m+2m+1-2m-10>0
A>0 |(m+1) -(2m+10)>0

m>3

sm-9>0eom’>9s
m< -3

Vay, véi m < —3 hoidc m > 3thi phuong trinh di cho c6 hai nghiém phan biét
b. Tim GTNN cua biéu thic A=10XX, + X7 + X;

a=0 m>3
Phuong trinh c¢6 hai nghiém < | =

A >0 m<-3

+X,=2(m+1 .

%% =2(m+1) thay vao biéu thic A
XX, =2m+10

Khi @9, ta co: {
A=10XX, + X + X; + (X, + x2)2 +8X,X,

A=4(m +1)2 +8(2m+10)=4m? +8m+ 4 +16m + 80
A=4m?+24m+84

A=4(m+3) +48>48

m>3

V&i moi gid tri thuoc
m<-3

Vay, gi tri nho nhat cua biéu thac Ala A, =48 < m=-3

Bai 4: Cho phuong trinh: (m — 4) X —2mx+m=0

a. Khim=3tacé —x>—6x+1=0
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Giai phuong trinh ta dugc nghiém X =-3—+/10;x=-3++/10
b. Tim m dé phuong trinh c¢6 nghiém X = 2, tim nghiém con lai
Tacs: A =m’—(m—-4)(m-2)=6m-8

a%0 {m—4¢0 m=4

=
A=0 4

Dé phuong trinh ¢6 hai nghiém: < &
6m-82=0 m > 3

Phuong trinh ¢6 nghiém X =2, suy ra: 4(m—4)—4m+m—2=0
< m—-18=0< m=18(thoa man diéu kién)

Khi d6, X, + X, :2—m<:>2+x2 :§<:> X, _4
m-4 14 7

m#4

o a=0 m—-4=0
c. Phuong trinh ¢6 hai nghiém phéan biét: <

= = 4
A>0 6m-8>0 m>§

m=4
Vay, voi 4 thi phuong trinh c6 hai nghiém phan biét.
m>—

Bai 5: Cho phuong trinh: X* —4X+m—-1=0

. a=0 1+0
bé phuong trinh ¢6 hai nghiém: < & <& m<h
A>0 4-@21-m)>0
+ X, =4(1
Khidotacs: | * 7 @)
x1x2=m—1(2)
Phuong trinh ¢6 nghiém X, = 2.X,, suy ra (l)
4 8
x1+x2:4<:>3.x2:4<:>x2:§:>x1:§

Thay vao (2): X.X, =m—-1< m=X.X, +1=%%+1=% (thoa mén diéu kién)

Vay m—ﬂ
v 1 9'

Bai 6. Cho phuong trinh: mx* — 2(m + 3) X+m-2=0

az0

a. Bé phuong trinh c¢6 hai nghiém phan biét <>
A>0
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m=0 m=0
< (m+3)2—m(m—2)>0<:> m?+6m+9-m?+2m>0

-9

m=0
m=0
=
{8m+9>0 m>?

: -9 N
Vay, vai m > ? va M # 0 thi phuong trinh c6 hai nghiém phan biét.

m=0

a=0
b. Phuong trinh c6 hai nghiém X} X, << . & _
uong trinh ¢6 hai nghiém X;; X, {AEO mZ—g
8
2(m+3)
X1+X2:T(1)
Khi do, ap dung hé thirc Viet, ta co:
> m
Theo dé: 3x1.x2—2(x1+x2)+7=O<:>3(m—_2j—2(wj+7=0
m m
<:>3m_6_4m_12+7m=0<:>M=0<:>m:3(th6am€mdiéukién)

m m
Vay, véi m = 3 phuong trinh c6 hai nghiém thoa diéu kién bai toan.
c. Viét hé thuc lién hé X;; X, khong phu thusc vao m.

: -9 N
Tacovoi m>— va M=0 thi phuwong trinh c6 hai nghiém X;; X, .

)(1 + X2 :M(l)

Vi
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Vay, khi m2= _—9 va M#0 thi phuong trinh c¢6 hai nghiém X;;X, voi biéu thic lién hé
X, + X, =5—3X, X, khong phu thugc m.

Bai 7. Cho phuong trinh: — (m - 3) X-m=0

a=0

a. Bé phuong trinh c6 hai nghiém phan biét: << .
A >0

1+0
@{( 3 a(-m) 0<:>m2—6m+9+4m>0
m-3)" —4(-m)>

& m?—2m+9>0 e (m-1)" +8> 0vsi moi m.
Vay, véi moi m phuong trinh luén c6 hai nghiém phén biét.
b. Phuong trinh luén ¢6 hai nghiém véi moi m.
Thay nghiém X =—2 vao phuong trinh, ta c6:
4+2(Mm-3)-m=0m-2=0m=2
Theo hé thirc Viet: X, + X, =M -3 -2+ X, =2-3& X, =1
Vay, véi M =2 thi phuong trinh c6 nghiém X, =—2 va X, =1
c. Phuong trinh Iuén c6 hai nghiém X, ; X, véi moi m.
p . XX =m- 3
Ap dung hé thuc Viet, ta co:
XX, =—Mm

Thay vao hé thic: 3.(X, + X, ) — XX, 25< 3(m—3)—(-m)>5
7
<:>3m—9+m25<:>4m214<:>mzE
: 7 - A e sl
Vay, vai m > Ethi phuong trinh ¢6 hai nghiém thoa man diéu kién bai toan.

Bai 8. Cho phuong trinh: X* —2X+m—3=0
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i az0
a. Bé phuong trinh ¢6 hai nghiém phén biét: < {A' 0
>

1+0

&9, <-m+4>0m<d
1-1(m-3)>0

Vay, véi M < 4 phuong trinh ludn c6 hai nghiém phan biét.

b. Phuong trinh ¢6 hai nghiém X; X, < A>0m<4

X +X,=2

Ap dung hé thic Viet, ta co:
XX, =m—3

Theo d& X% + X =20 < (X, + %, )* = 3%X, (% +X,) =20
& (2)’ -3(m-3)(2)=-20 < 8-6m+18=-20

<:>—6m:—46<:>m:§

: 23
Vay, véi m = ? thi phuong trinh c6 hai nghiém thoa mén h¢ thuc

x° +x,° =-20

Bai 9. Cho phuong trinh: X* —2(M+3)X+m*+8m+6=0

Co A'=(m+3)° -1(m*+8m+6)=m°+6m+9-m>*-8m-6
A'=-2m+3

3
a. Phuong trinh c6 2 nghiém Xl;X2<:>A'ZO<:>—2m+3ZO<:>mSE

X, + X, =2(m+3)
Khi do, ap dung hé thic Vi ét : )

XX, =M~ +8m+6
Theo détacd : X+ X,” =34 < (X, +X,)* —2X.X, =34
< 4(m+3)2 - 2(m* +8m+6)=34
< 4m® +24m+36—-2m° —16m—12 =34

m=1

<:>2m2+8m—10=0<:{ ] 5(t/m)

Vay, véi m=1 va m = -5 phuong trinh c6 nghiém X12 + X22 =34
b. Vi gia tri m cua cau a. Khong giai phuong trinh hay tinh gia tri biéu thuc :
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A=ﬁ+§
X, X
TH1: V6i m=1, tac6 phuong trinh X —8x+15=0 c6 hai nghiém X;; X, .
+X,=8
vei {0
{xix2 =15
2 2 2 2
Suy ra ALK Ko X X (X +X%,)° —2X,X, _ 8) 215 34
X, X X, X, X, X, 15 15
TH2: Vi M = -5, ta c6 phuong trinh X +4X —9=0 c6 hai nghi¢m XX, .
+ X, =—4
vei Lo
{Xlxz =-9
Suy ra A=ﬁ+ﬁ= X% = (X +%,)* = 2%, = (-4)°-2.(-9) =%
X, X XX, XX, -9 -9
Bai 10.

a. Phuong trinh x> —2(M+1)x+m—-4=0
Co A'=(m+1)° -1(m—-4)=m’>+2m+1-m+4=m*+m+5
2
1 19
A'=lm+—=| +—>0 véimoi m
2 4
Vay, phuong trinh luén ¢6 hai nghiém phan biét véi moi m.
b. Phuong trinh Iuén ¢6 hai nghiém X;; X, v&i moi m
) +X,=2(Mm+1
Ap dung hé thuc Vi ét, ta co : %% =2( )
XX, =m-—4
Theo d&: X,* + X,* =40 < (X, + X,)° —2%,X, = 40

< 4m+1)°-2(m-4)=40<=4m* +6m—-28=0 < 7

7 .
Vay, véi m = _E hoic M =2 thi phuong trinh s& c6 hai nghiém théa man diéu kién bai toan.
c. Phuong trinh lu6n c6 hai nghiém X ; X, v&i moi m
X +X,=2(m+1) (1)

Ap duyng hé thirc Vi ét, ta co:
{xlx2 =m-4 (2)
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Tu(2): XX, =m-4=m=xX,+4

Thay vao (1), taco: X + X, =2(XX, +4+1) < X, + X, =2XX, +10
Vay, biéu thic lién hé gitra hai nghiém khong phu thugc m 13:

X, + X, =2XX, +10

e. Dang 5. Mt s6 dang toan khac lién quan phwong trinh bic hai

1. Bai toan tim gié tri 16n nhét, gié tri nho nhét cua biéu thirc ham sb bac hai :
M =ax’ +bx + ¢ voi (a=0)

b
+Ta tinh duge s X, = ——— va f(x,)=ax,” +bx,+c

+Bién ddi: M =a(x—x,)*+ f(x,)
b

+Néu a>0= M. = f(X,),xay rakhi va chi khi X:XO:—Z—.
a

. b
+Néu a<0=M ., = F(X,), xdy rakhi va chi khi X=X, ==
a
2. Bai toan d thi ham s bac hai ( Parabol)
Db thi ham sé y = ax® + bx + ¢ vei (a # 0) Ia parabol (P).
D6 thi ham s6 Y = mx + N 1a dwong thang (d).
+ Bién luan su tuong giao cua hai d6 thi 1a bién luan sé nghiém cta phuong trinh hoanh d6 giao
diém caa (P) va (d)
ax> +bx+c=mx+n (1)
+ Néu phuong trinh (1) c6 hai nghiém phan biét thi (d) cit (P) tai hai diém phan biét.
+ Néu phuong trinh (1) c6 nghiém kép thi (d) tiép xtc voi (P). Khi d6, ta goi (d) 12 tiép tuyén
ctia do thi (P), va hoanh d6 tiép diém chinh 12 nghiém kép cua phuong trinh.
+ Néu phuong trinh (1) vo nghiém thi (d) khong cat (P).

. 2 .
Vi du minh hoa 1: Xac dinh toa d6 giao diém cua (P): Yy = §X2 va (d): Y =X+ 3 bang

phuong phap dai s6 va do thi.

Hudng dan giai
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a. Do thi cua parabol (P) va duong thing (d) duwoc biéu dién nhu hinh V&.

Dua véo do thi ta thay, duong thang (d) cat (P) tai hai diém c6 toa do (3;6) va
33
)
b.Tim giao diém bang phuong phap dai )

Phuwong trinh  hoanh d6 giao diém cua (P) va (d) Ia
2 2
§x2:x+3<:>§x2—x—3:0, giai

X=3
phuong trinh ta dugc nghiém la 3
"2
Véi X =3, thay vao (d) suyra Y =6. Tac

giao diém (3;6).
» 3 . 3
Voi X = _E’ thay vao (d) suyra y = E .Ta
3.3

c6 giao diém (_E’E) .
Vi du minh hea 2 : Cho (P) : Yy = —X* va duong
thang (d) : Y =—X+3
a. Xac dinh giao diém cua (P) va (d)
b. Viét phuwong trinh duong thang (d”) vudng goc véi (d) va tiép xuc vai (P).
Hudéng dan giai:

a.Phuong trinh hoanh d6 giao diém cua (P) va (d) 14 :

—X*=-X+3<=x*-X+3=0c6 A=1-4.1.3=-11<0= phuong trinh v6

nghiém.

Viy, duong thing (d) khdng cit parabol (P).

b. Viét phuong trinh dudng thang (d’) vudng goc veéi (d) va tiép xuc vai (P).
Puong thang (d’) co dang: Yy =ax+b.

+ (d’) vudng géc véi (d) suy ra: a.(-1)=-1=a=1=(d"):y=x+b.
+ Phuong trinh hoanh d6 giao diém cua (d’) va (P) :

X =Xx+beo x*+x+b=0 (1

(d°) tiép xdc véi (P) nén (1) cé nghiemkép <> A=0<=1-4b=0<b :%

, 1
Vay, phuong trinh duong thang (d’) : Y =X+ Z .
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BAI TAP TU LUYEN

Bai 1. Cho (P): y=ax® (a=0) va(d): y=mx+n
a. Tim m, n dé (d) di qua hai diém A (0;-1) vaB(3;2).
b. Tinh a biét (d) tiép xtc véi (P).

Bai 2. Cho (P) : y:%x2 va(d): Yy=—X+6.

a. Hay vé do thi cua (P) va (d) trén cing mét hé truc toa do.
b. Xac dinh toa d6 giao diém cua ching bang db thi.

Bai 3. Chirng minh (d) : y =X +% va (P): y= —%xz tiép x(c nhau. Tim toa do tiép diém
caa chung.

Bai 4. Cho (P): Yy = %xz va(d): y=ax+b Tim a,b biét (d) cat (P) tai hai diém c6 hoanh do
la-2va 4.

Bai 5. Cho (P) : y=%x2 va(d): y=x-m

a. Vi gia tri nao cua m thi (d) khong cat (P)

b. Viét phuong trinh duong thang (d ') / /(d) va tiép xtc véi (P) va tinh toa do tiép diém.

Bai 6. Trén cling mot hé tru toa do cho (P) : Y = %Xz va(d): y= —%X +2

a. V& (P) va (d)

b. Tim toa d6 giao diém cua (P) va (d).

. Viét phuong trinh dwong thang (d”)//(d) va tiép xdc véi (P). Tinh toa do tiép diém.

Bai 7. Chohamsé: y=-3x* (P)

a. V& a6 thi (P)

b. Viét phuong trinh dudng thang (d) biét (d) cit (P) tai hai diém c6 hoanh do X =—1va Xx=2

HUONG DAN GIAlI

Bai 1. Cho (P): y=ax’ (a=0) va(d): y=mx+n

a. Puong thang (d): y = mx+n di qua A(0;-1) = -1=m.0+n<m=-1
Puong thang (d) : Yy =mx+n di qua B(3;2)
=2=3m+n<2=3.(-)+n<n=>5

Vay, duongthang (d): Y =—-X+5
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b. Phuong trinh hoanh dong giao diém cua (d) va (P) : ax’ =—X+5
S ax* +x-5=0 (*)vsi (a=0)

Pudng thing (d) tiép xtc vsi (P) < ax® + Xx—5=0 (*) c6 nghiép kép

a=0 a=0 a=0 1
= = = Sa=——
A=0 1-4.a.(-5)=0 1+20a=0 20

1 .,

1 .
Vay, voi a=—— thi (d) Y =—X+5 tiép xtc véi (P) y = ——X
ay, vo 20 d)y cp 6i (P) y 20

Bai 2. Cho (P) : y=%x2 va(d): y=—X+6.

. 1 .
a. Hamsb y= 3 X ¢6 db thi Ia parabol (P).

Co6 dinh O(0;0), c6 truc ddi ximg la Oy
va di qua cac diém sau :

X -3 0 3

y=2x
3

Ham sb Y =—X+ 6 co dd thi la duong
thang (d)
di qua cac diém (0:6) va (0:6).

b. Dua vao d6 thi ta thay duong thang (d) cit
parabol (P) tai cac diém (3;3) va (—6;12).

Bai 3
Phuong trinh hoanh dé giao diém cua (d) va (P) 1a :
L xiloleixilooe
2 2 2 2 :
a=2-arl_o .
2 2

Do d6, phuong trinh hoanh d6 giao diém c6 nghiém kép, hay duong thang (d) tiép clc véi
parabol (P).
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1 1
Khi d6, phuong trinh ¢6 nghiém la: X, = X, = 1= —lsuyray= _E :
2.
2

A A i A R Y 1
Vay, toa do tiép diém la —1;—5 )

1 . . .
Bai 4. Cho (P): Y = Ex2 va(d): y=ax+Db Timab biét (d) cit (P) tai hai diém c6 hoanh do

la —2va4.
Toa do giao diém thuoc (P) nén:

V6i X=-2=y= %(—2)2 =2 taco diém A(-2;2)

1 .
Véi X=4=y= E(4)2 =8 ta co diém B(4;8)
Puong thang (d) : Y =ax +b di qua A va B nén ta c6 hé phuong trinh :
2=-2a+b a=1
=
8=4a+b b=4
Vay, a=1 va b=4, nén phuong trinh dwong thang (d): Y =X+4.

Bai 5. Cho (P) : y=%x2 va(d: y=x-m

a. Phuong trinh hoanh d6 giao diém cua (d) va (P) Ia :

1 1 1

Exz :x—m<:>5x2—x+m:0 (*)co A=1° —4.Em:1—2m.
Dé (d) khdng cit (P) thi phuong trinh (*) vo nghiém

<:>A<O<:>1—2m<0<:>m>%

1
Vay, véi m> E thi phuong trinh da cho vé nghiém.

b. Pudng thing (d”) song song véi duong thang (d) nén suy ra phwong trinh dudng thang (d”) ¢é
dang: y=x+n (n#m).
Phuong trinh hoanh d6 giao diém cua (d’) va (P) 1a:

1 1 1
X =x+ne =X —x-n=0 (**)c6 A=1 —4.5.(—n):1+2n.
Dé (d”) tiép xtic (P) thi phuong trinh (**) c6 nghiép kép

©A=0c>l+2n=0<:>n=—%(théaménv‘l m>%).
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1 C 1
Suy ra phuong trinh c6 nghiém X=1=y = E Toa d¢ tiep diem (1;§j .

, 1 . 1
Vay, phuong trinh duong thang (d’) : Y =X— E tiep xuc vai (P) tai diem (1;5) .
Bai 6. a. Vé (P) va (d)

1 . .
Parabol (P): Yy = > x* ¢6 dinh 1a O(0;0), c6 truc déi xtng 1a Oy, va di qua cac diém sau :

Puong thang (d) : Yy = —% X + 2 di qua hai
diém (0;2) va (4;0)

b.Phuong trinh hoanh d¢ giao diém cua (d) va

(P)la:
ST S DIRE I S S,
2 2 2 2
~ 1417 -1-17
nghiém X = X =
2 2
vax:ﬂ: =9_\/ﬁ ta co diém _1+\/ﬁ;9_\/1_7 .
2 4 2 4
I i 9+17 . (-1-\17 9+17
Volsz:y: 2 ta co diém 5 ) .

c.Viét phuong trinh duong thang (d’)//(d) va tiép xuc véi (P). Tinh toa do tiép diém.
Goi (d) : Y =ax+Db 1a duong thang can tim.

2 : 1 : 1
Duong thing (d’) song song véi (d) suyra: a= 3 =(d"):y= _EX +b
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: . 1 1 1 1
Puong thang (d’) tiép xtc (P) nén Exz = _EX +b < EXZ + EX —b =0 (*) c6 nghiem kép

2
SAyy=0= 1 —4-3-(—b)=0<:>l+2b=0<:>b:_1
2 2 4 8
A 2 1 1
Vay, phuong trinh duong thang (d’) : y = _E X — g

Bai 7. Cho ham sé: y =—3x* (P)
a. Hams§ Yy =—3x ¢ dd thi 1a parabol (P), c6 dinh la O(0;0), c6 truc ddi xtmg la Oy va di

qua cac diém :

X -1 0 1

y — _3X2 -3 0 -3 \ 1
o

b. Biém A thudc d6 thi (P) c6 hoanh do X" T
X=-1=>y=-3cotoads (-1,-3). e UAL T
Diém B thudc d6 thi (P) c6 hoanh do
X=2=Yy=-12 cotoadd (2;,-12). |
Goi duong thang (d) Y = ax+Db 1a duong -
thang can tim. 7
(d) di qua hai diém A;B nén ta co 1
-3=-a+b ““:: .
{—12:2a+b e P

Giai h¢ phuong trinh ta c6
a=-3
b=-6

Vay phuong trinh duong thang (d) : Y =-3X—6.
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III. PHUONG TRINH QUY VE PHUONG TRIiNH BAC HAI
1. Kién thuc trong tam

Dang 1. Phwong trinh triing phwong : ax’ +bx* +¢=0 (1) véi (a=0).
Phuong phap giai:
+Pat t=x*(t>0).
+ Pua phuong trinh vé dang phwong trinh bac hai an (t) 1a:
at’ +bt+c=0 (a=0), t=>0 (@
+ Giai phuong trinh (2) tim (t), loai cac giatri t <0, chi lay céc giatri t >0
+V6it>0, t=x%=> X==%+t Ianghiém cia phuong trinh (1).
Vi du 1: Giai phuong trinh : 4x* —x* —18=0
Giai:
Pat t = X* véi didu kién t > 0.
Phuong trinh <> 4t -t -18=0 (t > 0) *)
A=1+4.418=289= /A =17

tlz%:—2<0 (loai) ; t, :1+17 :%>0 (nhan)

& tzz%cxzz%@x=i\/g=_g

Vay nghiém cua phuong trinh la : X = iE .

Dang 2: Phwong trinh chira 4n ¢ miu thirc

Thuc hién cac budc sau :

+ Tim diéu kién x4c dinh cta phuong trinh

+ Quy ddng mau thirc hai vé rdi khir mau

+ Giai phuong trinh vira nhan duoc

+ Loai cac gia tri khong thdéa man diéu kién. Céc gia tri théa man diéu kién 1a nghi¢m cua
phuong trinh.

+ K&t luan.

X2 -3x+1 1
X*—4  Xx+2

Vi du 2: Giai phuong trinh:
Giai
o x*—4#0 X #2
bicu kién: =

X+2#0 X # -2

Quy ddéng miu ta duge: PT < X*=3x+1 _ X—2
y dong oc: (x=2)(x+2) (x+2)(x-2)
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Khit miu ta dugc: X2 —3X+1=x—-2< x> —4x+3=0

x=1 ,
= (thoa man diéu kién)
Vay nghién cua phuong trinh 1a X € {l; 3}
c. Dang 3. Phwong trinh tich
Phuong trinh tich 1a phuong trinh ¢6 dang A.B=0.
- A=0
Céch giai: AB=0<
B=0
Vi du 3: Giai phuong trinh: (3X2 —5x— 2)(X2 — 8) =0
Giai
3x*-5x-2=0 (1)
x*-8=0 (2)
X=2
Giai phuong trinh (1): 3X* —=5x—2=0 < 1

Ta co: (?,x2 —5x— 2)(x2 —8) 0

Giai phuong trinh 2): X*-8=0 < x*=8<

x=-2/2

-1

Véy phuong trinh da cho c6 4 nghiém: X, = 2; X, = ?; Xy = 2\/5; X, = —2\/5.
d. Dang 4. Phwong phap dit 4n phu dé quy vé giai phwong trinh bac hai
Vi du 4: Giai phuong trinh: 3(X2 — 3X) — 4(X2 —3X +1) +5=0
Giai
Phuong trinh: 3(X2 — 3X) - 4(X2 —3X+ 1) +5=0

= 3(x2 —3x)—4(x2 —3x)+1: 0

tl =

Pit t=Xx*—3X, ta ¢6 phuong trinh: 3t* —4t+1=0<

wl~—

Voi t, =1 x* —3x=1< x> —3x-1=0

3+J1_3_X 3-413

2 2 2

Cé nghiém la: X, =
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Vi t2=%<:>x2—3x=%<:> x2—3x—%=0

9+103 _9-03
6 6
e. Dang 5: Phwong trinh chira cin thirc

X)=>0
Dane [ 1()=9(x) <> ?((x))=[g(x)]2

Dang: a'f(x)+b'm+C:0@{t= f(x);t=0

at’ +bt+c=0

Cé nghiém la: X, =

Vi du 5: Giai phuong trinh: X* +4X—7 +VX* +4x-1=0
Giai:

Phuong trinh X* +4X -7 +/X* +4x-1=0

S X+ AX—1+X* +4x-1-6=0

Pat t = X* +4x —1('[ > 0), ta c6 phuong trinh:

t’+t-6=0< |: 3 loai nghiém t, = —3 vi khong thoa man diéu kién

2

Vot =2 VX +4x-1=2=x" +4x-1=4
) x=1
X“+4x-5=0<
X=-5

Vay phuong trinh da c¢6 hai nghiém la: X, =1;X, = -5.
f. Dang 6. Phwong trinh dang A> + B® =0

s A=0
Phuong phap: A+ B =0< B-0

Vi du 6: Giai phuong trinh: (X2 - X)2 + (X2 —3X+ 2)2 =0

Giai:
"
x*—x=0 x=1
Phuong trinh: (X2 —X)2 +(X2 —3X+2)2 =0< == < x=1
x* —3x+2=0 x=1
X =
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Vay phuong trinh da cho 1a: X =1.

BAI TAP TU LUYEN
Bai 1. Giai cac phuong trinh sau:
a X(x-1)(x=2)-x*+1=0 b. (x+6)2—4x+7=2(x+3)2
_ 2 2
o X3 5 (x+5)(x-2) , (x+5)° x_(x-3)
4 3 2 3 3
Bai 2. Giai cac phuong trinh sau:
a. X' —6x*-7=0 b. Xx*—5x*+4=0
e 2xtraxt -t oo d. 4x2—29+2—§:0
2 2 X
Bai 3. Giai cac phuong trinh sau bang cach dua vé dang tich:
a. X°—5x*—2x+10=0 b. x*—3x*-3x+1=0
¢. X’ ~6x" +6x-1=0 d. (2x2—5x+1)2—(x2—5x+6)=0
Bai 4. Giai cac phuong trinh sau:
N X_2+ X _Ezo . X+5 _1—2x_2:0
X x-1 6 2x-1 x+5
1 E_ 1 1 d 30 13 _18x+7

c.——+ = _ _
3x*—-27 4 x-3 x*-1 xX*+x+1 x*-1

Bai 5. Giai cac phuong trinh sau bang cach dit an phu:

a. (6x2 —7x) —2(6x* ~7x)~3=0 b. (X* = x+1)(x* ~x+3)=15

1V 9 1
c. X—24x-2=10 d. | X+— _E X+—[+5=0

X X
HUONG DAN GIAl
Bai 1. Giai cac phuwong trinh sau:
a. Phuong trinh
x(x—l)(x—2)—x3+1=0
<:>x(x2—3x+2)—x3+1=0<:>x3—3x2+2x—x3+1:0
x=1

-3 +2x+1=0< 1
X=—=
3
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N N s . 1
Vay, nghiém cta phuong trinh [a: X =1 va X = e
b. Phuong trinh
(x—6)2—4x+7=2(x+3)2
& X* +12X+36 - 4x+7=2(X" +6x+9)

< X2 +8x+43=2x*+12x+18

X=-2++29
& X —4x+25=0<
X=-2-+/29

Vay, nghiém ctia phuong trinh 1a: X =—-2++/29 va Xx=-2-+/29.
C. Phuong trinh
X+3 (x+5)(x-2)

279 3=
4
X+3-12 x*-2x+5x-10 x-9 x*+3x-10
= = < =
4 3 4 3
2
o 2T _AXHI2X=A0 o 07— 4k 112x—- 40
12 12
x=1
< 4x* +9x-13=0< 13
T4

13
Vay, nghiém cua phuong trinh la: X =1 va X = e

d. Phuong trinh
(X+ 5)2 X (X —3)2

2 3 3
x*+10x+25 x Xx*—6x+9
2 3 3
<:>3x2+30x+75—2x:2x2—12x+18
6 6
< 3x? +30x+75-2x =2x* —12x +18
< X +40x+57=0< X=-20+747
x=-20-7+7

Vay, nghiém cua phuong trinh la: X =—-20+ 77 x=1va x=-20-77.
Bai 2. Giai cac phuong trinh sau:
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a. Phuong trinh
X' —6x*-7=0
Pat t = x° véi diéu kién t > 0.
Phuong trinh t* —6t —7 =0.
Tathdy a—b+c=1-(-6)+(-7)=0
Nén phuong trinh c¢6 nghiém t = —1(loai); t = 7 (thoa)
Voit=T=x' =T x=+7.
Vay, nghi¢m cua phuong trinh 1a: X = iﬁ.
b. Phuong trinh
x*—5x*+4=0
Bit t = x*véi diéu kién t > 0.
Ta ¢6 phuong trinh t* =5t +4 =0.
Tathdy a+b+c=1+(-5)+4=0
Nén phuong trinh c¢6 nghiém t =1 (théa) ; t =4 (thoa)
Véit=1=x" =1 x==1.
Voit=4=x’ =4 x=+J4 & x=+2.
Vay, nghiém cta phuong trinh la: X =41 va X =%2.
C. Phuong trinh

9% 1 ax 1o
2 2

Pit t = x?véi diéu kien t>0.

Phuong trinh <> %tz + 4t — % =0.

Ta thay a—b+c=%—4+(—%)=0

1
Nén phuong trinh c6 nghiém t = —1(loai); t = 9 (thoa)

1
Vay, nghiém ctia phuong trinh la: X = ig.

25 :
d. Phuongtrinh 4x* —29+=—-=0 co diéu kién: X =0, ta co:
X

4 2
4)(2_29+25:0<:>4x 292x +25:

Z 2 0 4x* —29x* +25=0

Pit t = x?véi diéu kien t > 0.
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Ta ¢6 phuong trinh 4t* — 29t +25=0.
Tathiy a+b+c=4+(-29)+25=0

. . " , 25
Nén phuong trinh c6 nghiém t =1(thoa); t = T (thoa)

Véit=1=x*=1< x=+1.
Voit=2 o =B oyt
4 4 2

5
Vay, nghiém cua phuong trinh 1a: X =21 va X = iz.

Bai 3. Giai cac phuong trinh sau bang cach dua vé dang tich:
a. Phuong trinh
x'—6x>-7=0
Pit t = x*véi diéu kién t > 0.
Phuong trinh t* —6t —7 =0.
Tathdy a—b+c=1-(-6)+(-7)=0
Nén phuong trinh ¢6 nghiém t = —1(loai); t = 7 (thoa)
Voit=T=x2=T < x=4J7.
Vay, nghiém cua phuong trinh la: X = iﬁ.
b. Phuong trinh
X° =3x* =3x+1=0 < (x* +1)-(3x* +3x) =0

¢:(x+1ﬂx2—x+1y—$qx+1):0

X+1=0
& (x+1)(x* -4x+1)=0< Ay 10
X=-1
o x=2+443
x=2-+/3

Vay, phuong trinh c6 ba nghiém 1a: X = —LXx=2++/3:x=2—+/3.
C. Phuong trinh
x3—6x2+6x—1=0¢3(x3—ﬂ—(6x2—6x)=0
c:(x—lﬂx2+x+4)—6x(x—1)=0
x—1=0

<:>(x—1)(x2—5x+1)=0<:> By a1—0
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Vay, phuong trinh ¢6 ba nghiém la: X=1X=

5+v29  _5-429
2 2
d. Phuong trinh

(2x2—5x+4) (x —5x+—6f
(2x —5X+1—x*+5x— (2x —5X+1+ X —5x+6) 0
& (x*-5)(3x° —10x+7) 0

X=71+/5
{%—5=0 V5
= =P

-+

3x?—10x+7=0
X

wl~N

. 7
Vay, phuong trinh ¢6 bén nghiém 1a: X = +4/5;Xx =1 X = 3

Bai 4. Giai cac phuong trinh sau bang cach dua vé dang tich:

o {x¢0
a. bieéu kién: , khi do
Xx=1
— 6(x—-2)(x-1 b6x-11 -1
Phu’orngtrinhX 2+L—E=0<:> (X )(X )+X X X(X )=0
X x-1 6 6x(x—1)
6x2—18x+12+6x2—1b@+11x_0
6x(x—1)
X2 —Tx+12 =

X=3 ;
:0<:>X2—7X+12=O<:>{ 4(th6adiéu kién)
X

6x(x—1)
Vay, nghiém cua phuong trinh la: X =3;X=4.

< X#*— )
b. Diéu kién: 2 , khi d6
X #-5
Phuong trinh
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X+5 _1—2x_
2Xx-1 x+5

(x+5)2 —(1-2x)(2x-1)-2(2x—-1)(x+5)

2=0

=0
= (2x-1)(x+5)

X? +10X + 25+ (4% — 4x +1) — 2(2x* + 9x —5)
= =0
(2x-1)(x+5)

x> +10X + 25+ 4x? —4x+1—4x* —=18x +10
=0
(2x-1)(x+5)
2
o X T12XH30 G 2 19513620 x=6 (thoa didu kién)
(2x-1)(x+5)

Vay, phuong trinh c6 nghiém kép la: X =6.

. X#— )
C. biéu kién: 2 , khido

X#-5
Phuong trinh
1,31
3x° =27 4 x-3
1 1 1

<:>3(x—3)(x+3)_x—3_zz0

4-12(x+3)—3(x—3)(x+3)
12(x—3)(x+3)

4—12X—36—3X2+27_

12(x-3)(x+3)

- —3x*-12x-5

12(x—3)(x+3)

=0

0

=0 -3x*-12x-5=0

o —-6++/21

3 AL
= (thoa diéu kién)
—-6-+/21

3

—6+\/2_1_X_—6—\/Z

Vay, phuong trinh ¢6 2 nghiém la: X = 3 3
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. X#1
d. biéu kién: , khi do:
X#-1
Phuong trinh
30 13 _18x+7

-1 X+x+l x-1
30(x2 + x+1)—13(x—1)(x +1) 18x+7

< (x—l)(x+1)(x2+x+1) X1
30x° +30x +30-13x> +13 _18x+7
(x+1)(x3—1) X —1

17x* +30x+43  (18x+7)(x+1)
<:> =
(x+1)(x3—1) (x+1)(x3—1)
< 17x* +30X +43=18x> + 25X + 7
X=—4 (thoa diéu kién)
X=9

& X +5x+36:0<:{
Vay, phuong trinh c6 nghiém kép la: X =—4;X=9.

Bai 5. Giai cac phuong trinh sau bang cach dat an phu:
2
a. Phuong trinh (6X* —7x) —2(6x* ~7x)-3=0
Pjt t =6X* —7X. Phuong trinh < t* -2t —-3=0.
Tathdy a—-b+c=-1-(-2)-3=0
Nén phuong trinh c6 nghiém t=—1vat=3

x=1
Véit=—1=6X"-7X=-1=6X"-7Xx+1=0< 1
X==
6

3

X=—

Véit=3=6x°—TX=3<6x —TXx-3=0| 2
X=—=

3

1 1 3
Vay, phuong trinh c6 4 nghiém la: X = —g; X= E; X= E

b. Phuong trinh (X2 — X+1)(X2 — X+3) =15

<:>(x2 —x+1)(x2 —X+1+ 2):15.1-)ej1tt=x2 —X+1.
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Phuong trinh <> t(t+2) =15 < t*+ 2t -15=0 < |} - ;5
Nén phuong trinh c6 nghiém t =-5 va t =3.
Véi t=-5=x* —x+1=-5< x* — x+ 3 =0 phuong trinh vo nghiém.
Véi t=3= xz—x—2=0<:{x:_1
X=2

Vay, phuong trinh ¢6 2 nghiém la X=-1;Xx=2.
c. Diéukién: x> 2.
Phuong trinh X —24/X—2 =10 <> (X—2) —2Jx-3-8=0

Piatt=+X—-2 v6i t>0.

t=4 .
Phuong trinh <>t -2t-8=0< { 5 (loai t=-2 vi khong théa man dieu

Kien).
Véit=4=+X-2 =4 < Xx—2=16 <=18(théa didu kien).
Vay, phuong trinh c¢6 nghiém la X =18.

. 1
d. Picukién X#0.Patt=xX+—vsi t>0.

X
5
2
t==
Phuong trinh (x+lj —g(x+£)+5:0<:>t2—gt+5:0<:> 2
X 2 X 2

t=2

X=2

Vé’it=§:>X+£=§<:>2X2—5X+2=O<:> 1

Vc’rit:2:>x+1=2<:>x2—2x+1:0<:>x:1
X

1
Vay, phuong trinh ¢6 nghiém X = E; x=1x=2.
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IV. GIAI BAl TOAN BANG CACH LAP PHUONG TRINH
1. Kién thikc trong tam
Viéc gidi bai toan theo dang ndy nhin chung cé phwong phdp giong Véi phwong phdp
gidi bai toan bang céch gidi hé phurong trinh. Piém khac nhau ¢ ddy la dwa vao gid thiét bai
toan cac em sé ldp dwroc mai lién hé giita cdc dai lwong bang céch ldp phwong trinh bdc hai
phu hop.
1. Céc budc thuc hién nhu sau:
Budc 1: Lap phuong trinh
a) Chon an sb va néu diéu kién thich hop cua an sb.
b) Biéu thi cac dir kién chua biét qua an sb.
) Lap phuong trinh biéu thi twong quan giira 4n s6 va c4c dir kién da biét.
Budc 2: Giai phuong trinh
Budc 3: Béi chiéu nghiém cua phuong trinh (néu ¢6) véi diéu kién cua an sb dé tra 1oi.
2. Céc dang toan
a) Dang 1: Toan vé quan hé giira cac sb
b) Dang 2: Lam chung cbng viéc
¢) Dang 3: Toan chuyén dong
d) Dang 4: C6 noi dung hinh hoc
e) Dang 5: Cac dang khac
Vi du minh hea 1: M6t nguoi di xe dap tir dia diém A dén dja diém B dai 36 km. Luc vé nguoi
d6 tang van téc thém 3 km/h, do d6 thoi gian Vé it hon thoi gian di 1a 36 phat. Tinh van téc cua
nguoi do luc di?
Huréng dan gidi:
Goi X (km/h) 1a van téc cua ngudi di xe dap luc di tir A dén B.
Goi X+ 3 (km/h) 1a van téc cua ngudi di xe dap luc vé tir B dén A.
Thoi gian ngudi di xe dap tir A dén B la: 3—5 gio.

Thoi gian nguoi di xe dap tir B dén A 1a:

i0.
x+3g

. . 3
Theo d& bai, thoi gian vé it hon thoi gian di 1a 36 phat = = gio.

. ., 36 36 3

Ta c¢6 phuong trinh: — ———=—

X x+3 5
36(x+3)—36x_§<:> 108 3
X(X+ 3) 5 x*+3x 5

& 540 = 3(x*+3X) <> 3x% +9x —540 =0

Giai phuong trinh ta dugc nghiém la { 15 (loai nghiém x=-15)

Vay, van téc lac di cua nguoi d6 1a 12 km/h.
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BAI TAP TU LUYEN
Bai 1: Tim hai sd, biét rang s6 16n hon s6 bé 3 don vi va tong cac binh phuong ciia ching bang
369.
Bai 2: Mot doan xe tai can chd 30 tin hang tir dja diém A dén dia diém B. Khi sap bét dau khoi
hanh thi co them 2 xe nita, nén mdi xe cha it hon 0,5 tan so véi du dinh. Hoi lac dau doan xe
¢6 bao nhiéu chiéc?
Bai 3: Mot ca nd xudi dong mot khic séng dai 50 km, rdi nguoc dong khic séng 4y 32 km thi
hét 4 gio 30 pht. Tinh van tc cua dong nudc, biét van toc cua ca nd 1a 18 km/h.
Bai 4: Mot ca nd xudi dong song tir A dén B dai 48 km rdi nguoc dong song tir B vé A hét 5
gio. Tinh van téc cua ca nd, biét van téc cua dong nuoc 1a 4 km/h.
Bai 5: Hai canh cia mot manh dat hinh chit nhat hon kém nhau 10 m. Tinh chu vi cia manh dét
4y, biét dién tich caa nd 14 1200 m”?.
Bai 6: Trong mot phong hop ¢6 70ngudi du hop duoc sip xép ngdi vao cac day ghé vai sé
lwong ngudi trén mdi ghé 1a nhu nhau. Néu trong phong bét di 2 ddy ghé thi mdi day ghé con
lai phai xép thém 4 nguoi méi da chd ngdi. Hoi lac dau trong phong hop c6 bao nhiéu day ghé,
va mdi ghé ngoi bao nhiéu ngudi?
Bai 7: Mot hinh tam giac c6 dién tich180 cm?. Tinh canh day ctia tam giac, biét ring néu ting
canh ddy thém 4 cm va giam chiéu cao tuong tng di 1 cm thi dién tich cua né khong ddi.
Bai 8: Mot tam giac vudng c6 chu vi bang 30 cm, canh huyén 1a 13 cm. Tinh céc canh goc
vuong cua tam giac do?
Bai 9: Nguoi ta tron 4 kg chat long loai 1 véi 3 kg chét long loai 2 thi dugc mot hdn hop cd
khdi luong riéng 1a 700 kg/m®. Biét ring khdi luong riéng cua chat Iong loai 1 16n hon khéi
luong riéng cua chét long loai 2 1a 200 kg/m?®. Tinh khdi lugng riéng caa mdi chat long?
Bai 10: Lac 6h30 mot nguoi di xe may tir A dén B c6 d6 dai 75 km véi van téc dinh trudc.
DPén B nguoi d6 nghi lai 20 phat rdi quay vé A véi van téc 16n hon van téc lac dila 5 km/h.
Nguoi d6 vé dén A lic 12 gio 20 phdt. Tinh van téc du dinh cua ngudi dé.

HUONG DAN GIAL

Bai 1: Goi s bé 1a x(x € R) thisé lén 1a X + 3.
Theo dé bai, tong cac binh phuong cua hai sé 1a 369, ta co phuong trinh:
X% +(x+3)" =369 < 2x* +6x-360=0

(thoa diéu kién)
=-15

Giai phuong trinh ta dugc nghiém la: {
Vé6i Xx=12,suyrasblonla x+3=15
Véi x=-15,suyrasdlénla x+3=-12.

Vay, hai s6 can tim la {12;15} hozc {—15;—12}.

Bai 2: Goi X(X € N*) la s xe tai luc dau, suy ra s xe tai lic sau 1a X + 2.
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AT e 30
Luac dau moi xe phai cho: — tan
X

4
A

tan

Lic sau mdi xe phai cho:
X+ 2

Theo dé, ltc sau mdi xe phai ché it hon luc d¢au 0,5 tin nén ta c6 phuong trinh:

30_ 30 05 < 30(x+2)—30x=0,5x(x+2)
X X+2

X =
<:>O,5x2+x—60=0<:{

0 .
19 (loai nghiém X =—12 vi khong théa diéu kién ).

Vay, luc dau c6 10 chiéc xe tai.

Bai 3: Goi van toc caa dong nude la X (km/h). Pidu kien 0 < x <18.
Van téc cua cand khi xudi dong la: 18 + X (km/h).

Van téc cua cand khi nguoc dong 1a: 18 — X (km/h).

50
Thoi gian cand xudi dong 50 km la: 18 (gio)

+ X

Thoi gian ca nd ngugc dong 32 km la: (gio)

18— x
Theo d8, tong thoi gian cand xudi dong 50 km va nguoc dong 32 km hét 4 gio 30 phat =4,5
gio nén ta c6 phuong trinh: + 32 =4,5
18+x 18-x
< 50(18 — x) +32(18 + x) =4,5(18 + x)(18 — x)

<900 -50% + 576 + 32x =1458 — 4,5x?

< 4,5x* —18x+18=0
Phuong trinh c¢6 nghiém kép X =2.
Vay, van téc dong nudc 1a 2 (km/h).
Bai 4: Goi van toc cua cand 1a X (km/h). Bicu kién 1a X > 4.
Van téc cua cand khi xudi dong 1a X +4 (km/h).
Van téc cua cand khi nguoc dong 1a X —4 (km/h).

4
Thoi gian cand xudi dong 48 km la: 84 (0i0)

Thoi gian cand nguoc dong 48 km la: (gio)

X—4
Theo dé, téng thoi gian cand xudi dong va nguoc dong hét 5gio nén ta c6 phuong trinh:
48 48
P + [
X+4 x-4
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< 48(x—4) +48(x+4) =5(x—4)(x+4)
< 48x—-192 + 48x +192 =5%x* —80

0 .
< 5x2-96x-80=0< { 4 (loai nghiém X =—4 vi khong thoa diéu kién)

Vay, van téc cand 1a 20 (km/h).

Bai 5:

Goi x(m) la chiéu rong caa manh dat hinh chit nhat (x > 0).

Goi X +10 (m) la chiéu dai cia manh dat hinh chir nhat.

Dién tich manh dt 1a: X(x +10) m?.

Theo d, dién tich manh dét bang 1200 m? nén ta c6 phuong trinh:
X(x+10)=1200 < x*+x-1200=0

Giai phuong trinh ta dugc X =30;X=-40 (loai nghiém X =-40 vi khong thoa mén diéu
kign).

Vay, chiéu rong cua manh dét 1a 30 m va chiéu dai cia manh dat 1a 40 m.
Bai 6: Goi X lasé day ghé lic dau (x € N*,x > 2)

S6 day ghé lic sau 1a X — 2.

7 - \ - A ~ 4 3 N 70 -
SO0 nguoi ngoi trén moi day ghé lac dau la: — (nguot)
X

S6 nguoi ngdi trén mdi day ghé luc sau 1a: 5 (ngudi)
X —
Theo d¢, s6 ngudi trén mdi day ghé IGc sau nhiéu hon lac trudc 4 ngudi nén ta c6 phuong trinh:
70 70
———— =4 70x—-70x+140=4x(x - 2)

X—2 X

X =
<:>4x2—8x—140:0<:{

. (loai nghiém X = -5 vi khong thoa diéu kién).
Viy, lac dau phong hop cd 7 ghé dai.

Bai 7:

Goi X (cm) la chiéu dai canh day cua hinh tam giéc.(X >0 )

1 2S
Dién tich tam giac dugc tinh bai cong thirc sau: S = > xh=>h=—
X
N s . - . 2.180 360
Liic du: dién tich tam gi4c bang 180 cm? nén suy ra chiéu cao la: =—— (cm)
X
Khi c6 su thay déi: chidu dai canh day 1a: X + 4. Do dién tich khong d6i bang 180 cm? nén suy
A ... 2180 360
ra chiéu cao mdi la: = (cm)
X+4 x+4
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Theo d&, chiéu cao méi giam di 1 cm so véi lac dau nén ta co6 phuong trinh:

@—ﬂ=1@x2+4x—1440=0<:{x_

6
40 (loai nghiém x =-40)

Vay, chiéu dai canh day cua hinh tam giac 1a 36 cm.

Bai 8:

Goi X (cm) la chiéu dai canh gdc vudng thir nhat.(X > 0)

Chu vi ciia tam giéc bang 30 cm, canh huyén 1a 13 cm, nén suy ra chiéu dai canh géc vuéng
conlaila 30-13—x=17-Xx (cm)

Ap dung dinh 1y Pytago binh phuwong canh huyén bing téng binh phwong hai canh goc vudng
nén ta c6 phuong trinh: X* + (17 — X)* =13°

2 _ x=12 2 A A
& 2X°+34x+120=0< (thoa dieu kién)

V6i X =12, suy ra do dai canh kiala 17— X =5 cm

V6i X=5, suyradodaicanhkiala 17—x=12 cm

Vay, do dai hai canh cua tam giac vuong 1a 5 cm, 12 cm.

Bai 9:

Goi X (kg/m®) 1a khdi lwong riéng cua chat long loai 1.(X > 200)
Khéi lwong riéng ciia chat long loai 2 14 X — 200 (kg/m®)

. ) 4
Thé tich cua chat long loai 1 1a — (m®)
X

. . 3
Thé tich cua chét long loai 2 13 ——— (m®)
x—200

: N 7
Thé tich cua hdn hop la;: — (m°)
700

Ta c6 phuong trinh: ﬂ + 3 =

X x—200 700
Giai phuong trinh ta duwoc X =800; X =100 loai gia tri X =100 vi khdng thoa diéu kién.
Vay, khéi luong riéng caa cht long loai 1 14 800 kg/m®. Khéi luong riéng cua chét long loai 2
la 600 kg/m®.
Bai 10.
Goi X (km/h) 1a van téc du dinh cia ngudi do (X > 0).

hay x* —900x +8000 =0

. 75 .
Thoi gian nguoi di xe may tir A dén B la — gio
X

Thoi gian nguoi di xe may tir B dén A 1a gio

X+5
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Thoi gian nguoi di xe may tir A d&én B roi tro vé A (ké ca thoi gian nghi 1) 12h 20 phat - 6 h

30 phat = 5 h50 phiat= 3—65 gio, ta c6 phuong trinh:

75 75 1 35 x=20 30
S ——+Z=""hay 11x* - 245x-750=0 < 30 (loai X=——vi khong
X X+5 3 6 x=—E 11

thoa diéu kien)
Vay, van téc du dinh cia nguoi do 1a 25 km/h.

TAI LIEU TOAN HOC
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V. ON TAP CHUONG 4

SO PO TU DUY CHUONG 4

Cong thac nghiém A >0= phuong trinh ¢6 2 nghiém phan biét:

_heVA_b-VA

22 P 2a R
A =Db’ —4ac \A =0= phuong trinh c6 nghiém kép: x = m ;ra\/x X, = _bz_a\/x

A =0= phuong trinh v6 nghiém
> Xt = _é(s)
Hé thirc Viet 1.Cho 256 u, v biét: 4 thiowv la
C
XX, = Z( ’D]

(Ap dung cho phuong nghiém cua phuong trinh x> — Sx + P = 0

2. NEUPT (*) ¢6 a+b+c=0 thind conghiem x=1 va

Trinh c6 2 nghiém nghiém con lai _\‘=§
A>0) ’
3. NEuPT (*) ¢ a—b+c=0 thind conghiém x=-1

va nghiém con lai x=-<

a
PHUONG TRINH BAC
HAI
Phi trinh (*) ¢6 nghiém fa=0 Ph trinh (*) c6 nghiém az0
uon, CcOo nghi¢ f=) uong tri Cl —
¢ e 1az0 £ gnie A=0
#0 .
Phuong trinh (*) ¢6 2 nghiém phan biét < {i Phuong trinh (*) ¢6 2 nghiém trai dau < ac <0
>
a#0
> Phuong trinh (*) c6 2 nghiém cling ddu <> {A =0
P=0

MGi quan hé

a#(
Gitra cac Nghiém CUa Phuong trinh (*) c6 2 nghiém phan biét cing diu <> [n )

phuong trinh bac 2 p=0
a#0
. . A=0
Phuong trinh (*) c6 2 nghiém duong phén biét < P>0
>
§5=0
a#0 a+0
R , A . A=0 R ) . . A=0
Ph. trinh (*) c6 2 nghiém amphén biét < : P.trinh (*) c6 2 nghiém d6i nhau <>
P=0 P<0
§<0 §=0
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~

Nhing hé thac lién quan

Lo x4l =(x+x,) —2xx, =5 -2P

2. (x-x) =(x+x,) —4xx, =5 -4P

30 xiexi=(x+x) “3xx(x, +x,)=8 -25P
4. x'+xl= (x; +x; )2 —2x7x;

g L.l _x+xn S

XX oxx, P

6 x_]+ﬁ_xf+x§ S§-2p

X, X XX, P
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- _ 2 e 3 A A -
Phuong trinh tring biat t=x"véi diéu kién t =0

phuong

ax +he + c=0 Khi d6 phuong trinh (1) tr¢ thanh

(a=0) (1) - S
Giai
PT (2) > Néu t=0=>x=+r \
T ]
> Neéu t <0 loai do khong thoa
mandk t 20
-
Tim diéu kién xéac dinh
(Cho mau khéc 0)
\_
P O
R Phuong Quy ddng mau 2 vé - Khir
Q trinh L mau
PHUO chta an o
N & mau Giai phu?ng trinh vira Loai C4c gia tri
B A nhan dugc khong théa man
[ Két luan }
A=0
Dang A‘B=0c{
B=0
Phuong
trinh tich

Dang (x+a)(x+bH)(x+cHx+d)=m

Phuong phap
[+ a)x+d)][(x+b)(x+c) |=m

—>| DPat =y +(a+d)x+ad
=y’ +(b+c)x+bc—ad

Thay ¢ vao phuong trinh ta dugc phuong
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Pat 1 = x” vai didu kién 1 >0
Khi d6 PT (1) tré thanh PT (2): at” +bt+c=0 véi (a#0,1>0)

Véi A=b" —4ac

PT(2)
PT(2) vd
A <0 hghiem c6 nghiém
kép duong
PT (1)
A=0 .
t=t >0
G_o |PTQ €02 (h=6,>0)
B — nghiém 9
P =0 | conghiém hoac
phan nrma ui L
biét dau l, <0<!2
A>0 PT (2) PT(1) PT (2)c62
§<0 c6 2 nghiém c63 nghicm A>0
P>0 nghiem phan biét gom $>0
i phéan
A=0 PT (2) cb
nghiém kép st
S<0
P>0 am(t, =1,=0)
PT (1)
hoic col
nghiém
)
PT (2) c6
A=0 nghiém phan
biét gom 1
S<0 : A>0
< nghiém am,1 PT (1) PT (2)
P=0 nghiém bang 0 co4 co 2 §>0
L/O)=0 | (1,<0;1,=0) . - P>0
nghiém nghiém
\ J A pin o Ln
phan biét phan biét
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/ Néu a>0 thi ham sé dat\

gia tri nho nhét 1a

/ -4
Cho ham s6 : Yoin =

2
yv=f(x)=ax"+bx+c khix=_—b
(a # 0).Dé tim gia tri 1on nhét va gia \ 2a /
tri nho nhét caa ham sé, ta bién di vé
dang

y=s/(x)= a[(x + ij_ - A] /| Néu a<0 thi ham s6 dat\
' 4a’

2a gia tri 1on nhit 1a

\_ / 4

ymin = E

Khi +—_
Dung bat dang thic Cauchy(C9 si) :véi hai\ o )
s6 khong am x, y bat ky ta ludn ¢ :

x+y>2/xy .DAu bing xay ra khi va chi
khi x=y

- )
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D

b6 thi ta Parabol (P).

Ve do th1 ham )
Co6 dinh 12 O(0,0), c6 truc doi xung la Oy

y=ax’(P)

Di qua cac diém :ké bang gié tri

x‘ =X, =% 0 Xx X

y‘ Yo » 0y Yo

D thi 1a duong thang (d)
Ve dd th1 ham
sb Di qua 2 diém (c6 thé cho 2 diém tuy y khéc

y=kx+b(d) Nhau la dugc chtr khdng nhit thiét phai cat

\ ) Ox; Oy) :A0;b) VA B(—2:0)

ylzk‘xl"-bH Giao diém J

Néu A>0 <
PT(1) co hai
nghiém

=kx, +b H Giao diém ]

\
4 N (0
Phuong trinh hoanh d¢ Tinh A
giao diem : ciia PT Néu A<0 < PT(1) (P) va (d) khong
ax? —Jv+h =) hoanh d9 Vo ngh|ém co diém Chung
giao
S ax’ —ke—b=0(1) diem.
N /o)

Néu A =0

c6 nghiém
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BAI TAP ON CHUONG IV
Bai 1: Chohamsé y=x* (P) vahamsb y=5x-6 (d).
a) V& parabol (P) va duong thang (d) trén cuing mét hé truc toa do OXxy.
b) Xac dinh toa do giao diém cua (P) va (d).
Bai 2: Giai phuong trinh:
x+3)° 3x-1)°  x(2x-3
(x+3) | (31 x(2x-3)

2 2
a. 5(x-2) +4=(x+8) b) c + c 5
0 21 L2 .3 d)4_x—1=2(x+7)_x2+11
X*-9 x-3 x+3 X+1 x-1 x° -1
Bai 3: Giai phuong trinh:
a) X*—x*—4x+4=0 b) 2x*—5x*+5x-2=0
c) X’ +8-4x*-2x=0 d) x*-4x*+x+6=0
Bai 4: Giai phuong trinh:
a x*+2x*-3=0 b) x*—25x*+144=0
) 9x* +5x*-4=0 d) x*-48x*-49=0
Bai 5: Giai cac phuong trinh sau bang cach dat an phu
a) (x+11)"+(x+11)-42=0 b) (x2—3x+5)2—(x2—3x+5):2

C) (X—EJZ—S(X—EJ+6:O d) 2(x+1j2—(x+lj+3:0
X X X X
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Bai 6: Tim hai s u, v trong cac trudng hop sau:
a. u+v=13vauv=42

b. u—v=15 va uv=-56

c. u*+v¥*=130 va uv=-63

Bai 7: Cho cac ham s6 yz—gx2 (P) vahamsb y=—2x+%(d).

a. Xac dinh toa d6 giao diém cua (P) va (d).

b. Tim toa d6 nhimg diém thudc do thi (P) thoa tinh chat tong hoanh d6 va tung d6 caa diém do
bang 4.

Bai 8: Cho phuong trinh: x*—(2k —1)x+2k —2=0 (1)

a. Giai phuong trinh (1) khi k =-2.

b. Tim gié tri ciia k dé phuong trinh (1) c6 mét nghiém x, = —2. Tim nghiém x,.

¢. Chiing minh rang phuong trinh (1) ludn ¢6 2 nghiém phan biét.

d. Goi x;, X, la 2 nghi¢m cua phuong trinh (1). Tim h¢ thirc lién hé gitta x;, X, khéng phu thugc
vao k.

Bai 9: Mot phan xuong theo ké hoach phai dét 3000 tim tham trong thoi gian nhat dinh. Trong 8

ngay dau ho da thuc hién ding ké hoach dé ra, nhitng ngay con lai ho da dét vuot mic mdi ngay 10

tam tham, nén di hoan thanh ké hoach trudc 2 ngay. Hoi theo ké hoach mdi ngay phan xudéng phai

dét bao nhiéu tim tham?

Bai 10: Luc 7 gid 30 phat mot 6 tot khai hanh tir A dén B, tai B nguoi d6 nghi lai 30 phut rdi tiép

tuc 1én dudng dé dén C IGc 10 gid 15 phat. Biét quiang duong AB dai 30km, quing duong BC dai

50km, van toc cua 6 t6 trén quang dudng AB 16n hon van téc cau no trén quing duong BC 1a

10km/h. Tinh van téc cia 6 t6 trén quang duong AB, BC.

HUONG DAN GIAI BAI TAP ON CHUONG IV
Bai 1: Cho cacham sé y =x* (P) vahamsb y=5x-6(d).
a. Do thi ham so y = x* 1a parabol (P) c6 dinh 1a O(0;0), ¢ truc déi

xtmg 1a Oy va di qua cc didm sau : il
X -1 0 1
yxt | L] 0|1

Do thi ham s6 y =5x—6 1a duong thang (d) di qua hai diém (0;-6) va |

(1; _1) y=x"2 E y = 5x-6
b. Xac dinh toa d6 giao diém cua (P) va (d).
Phuong trinh hoanh d¢ giao diém cua (P) va (d) la:

L

X* =5X—6 <> x> —5x+6=0
Giai phuong trinh ta dugc nghiém: x=2; x=3.

s of / ° :
V6i x=2=>y=4. Tacé giao diém (2;4).

V6i x=3=y=9. Tacé giao diém (3;9).
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Vay, duong thang (d) va dd thi (P) cat nhau tao hai diém c6 toa d¢ (2;4) va (3;9).
Bai 2: Giai phuong trinh:

a. Phuong trinh 5(x—2)° +4=(x+8)’

& 5(X* —4x+4)+4=x"+16x+64

Xx=-1
x=10

Vay, nghiém cua phuong trinh 1la: x =-1; x=10.

<:>x2—9x—10:0<:>[

b. Phuong trinh (X+3)2 +1_(3X_:|')2 - X(2x-3)

5 2
& 2(x+3)" +10-2(3x~1)" =5x(2x-3)
X=2
< 26x2-39x-26=0< 1
X=——
2

Vay, nghi¢ém cua phuong trinh la: X=2; x = —%.

c. bidukién: x =43
1 2 3

2 + =

X°—-9 x-3 x+3
1+2(x+3)+3(x-3

o L2(x+3)+3(x-3)

Phuong trinh

=1 1+2(x+3)+3(x-3)=x"-9

x*—9
X=5+\/§
<X -5x-7=0< 2
X_5—\/§
2

Vay, nghiém caa phuong trinh 1a: x = 53@; X = 5_;@.
d. biéu kién: x = +1
x=1_2(x+7) x+11
x+1  x-1 x*-1
4(x? —1)_(x—1)2 C2(x+7)(x+1) x+11
x? -1 x2-1 x?—1 x?—1
= 4(x* 1) - (x-1)" =2(x+7)(x+1)-x-11
S AP —4—x*+2Xx-1=2x*+15x+3

L 13++/201

2
L _13-201
2

Phuong trinh 4 —

=

< x*-13x-8=0<

Lién hé tai liéu word mén toan: 039.373.2038 TAI LIEU TOAN HOC



Website:tailieumontoan.com

Vay, nghiém cua phuong trinh la: x =

13+201, _13-+201
2 ’ 2 '
Bai 3: Giai phuong trinh:
a. Phuong trinh X° —x* -4x+4=0< x*(x-1)—4
2 2
<:>(x2—4)(x—1)=0®{x _4=0<:{X =4<:>[X=i2
x—1=0 x=1 x=1

Vay, nghiém cua phuong trinh la: x=-2; x=2; x=1

—_
>
|
=
~—
Il
o

b. Phuong trinh 2x° ~5x* +5x—2=0 <> 2(x*~1)-5x(x-1)=0
& 2(x—1)(x2 + x+1)—5x(x—1) =0

=S (x—l)[Z(x2 + x+l)—5x} =0

& (x-1)(2x* -3x+2)=0

Xx—-1=0
=
2x*-3x+2=0
Giali: x-1=0=x=1
Giai: 2x*—3x+2=0, c0 A=3"-4.22=9-16=—7 <0= phuong trinh v nghiém.
Vay, nghiém cua phuong trinh la: x =1.
¢. Phuong trinh x3+8—4x2—2x:0<:>(x3—2x)—(4x2—8):0

x—4=0 x=4 x=4
<:>X(X2—2)_4()(2_2)=0®(X_4)(X2_2)=0<:>|:X2—2:O<:>{X2:2<:>|:X=i 2

Vay, nghiém ciia phuong trinh 1a: x = —/2; x =~/2; x=4.
d. Phuong trinh X* —4x* +x+6=0< x*-2x* - 2x* +4x-3x+6=0
& x*(x-2)-2x(x-2)-3(x-2)=0

X=2

) x—-2=0
e (x-2)(x*-2x-3)=0c] <[ x=-1
X°—-2x-3=0

X=3
Vay, nghiém cua phuong trinh 1a: X=2; x=-1; x=3.
Bai 4: Giai phuong trinh:
a. bat t=x2, diéukién t>0.

t=1
Phuong trinh x4+2x2—3=0<:>t2+2t—3=0<3[ 3 nhan nghiém t =1 loai nghiém t = -3 vi

khong thoa diéu kién.
Véi t=1=x" =1 x==1.
Vay, nghi¢ém cua phuong trinh la: x=-1; x =1.

b. bat t = x?, diéu kién t>0.
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t=16 ‘
Phuong trinh X* —25x*+144=0<t°-25t+144=0 < { thoa diéu kién.

Voit=16=x*=16 = x=14
Véit=9=x"=9< x=43
Vay, tap nghiém cua phuong trinh la: S ={-4;-3;3;4}

c. bat t=x?, diéukién t>0.

t=-1
Phuong trinh 9x* +5x° -4=0<9t*+5t-4=0< 4 loai nghiém t =—1 vi khong thoa diéu
9
Kién.
Voi t:i:> G :£<:> x=+2.
9 9 3

N A s 2.2

Vay, tap nghiém cua phuong trinh la: S = 373

d. bat t=x?, diéukién t>0.

t=
Phuong trinh X* —48x>-49=0<t"-48t-49=0< [ o loai nghiém t = —1 vi khong thoa

diéu kién.

Véi t=49= x* =49 & x =47

Vay, tap nghiém cua phuong trinh la: S ={7;-7}

Bai 5: Giai cac phuong trinh sau bang cach dat an phy:
a. bat t =x+11.

X 2 2 t
Phuong trinh (x+11)" +(x+11)-42=0 <t +t—42=0<:>[

Voit=6=x+11=6<x=-5
Voit=-7T=x+11=-7< x=-18
Vay, tap nghiém cua phuong trinh la: S ={-18;-5}.

b. Pat t = x> —3x+5.
t=-1

Phuong trinh (xz—3x+5)2—(x2—3x+5)=2<:>t2—t—2=0<:>L=2

Véit=-1=x*-3x+5=-1<x*-3x+6=0 c6 A=3°-4.1.6=-15<0 nén phuong trinh vo
nghig¢m.

Véit=2=x"-3x+6=2<x*-3x+3=0 cd A=3"-4.1.3=-3<0 nén phuong trinh vo
nghiém.

Vay, phuong trinh da cho v6 nghiém.
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c. biédu kién: x = 0. bat tox-1.

X
‘ 1Y 1 , t=2
Phuong trinh | Xx—— | =5 X—— [+6=0t"-5t+6=0<
X X t=3
Voit=2= X—l= 2 = x*—2x—-1=0. Giai phuong trinh ta c6 hai nghiém la
X
Xx=1++/2; x=1-+/2.

Voit=3= X—1 =3= x*-3x-1=0. Giai phwong trinh ta c6 hai nghiém la
X

X_3+J1_3_ X_3—JE

2 2

Vay, tap nghiém cua phuong trinh la: S = {1+ J2:1-42; 3*;/1_3 3=

3

2

d. biéu kién: x=0. Pt t = X+,
X

2
Phuong trinh 2(X+£j —(X+1j+3:0c>2t2—t+3:0 c6 A=1*—-4.2.3=-23<0 nén phuong
X X

trinh vO nghiém.

Vay, phuong trinh da cho v6 nghiém.

Bai 6: Tim hai sb u, v trong cac trudng hop sau:

a. u+v=13vauv=42

Suy ra u, v la nghiém cuia phuong trinh: X2 -13X +42=0

Phuong trinh ¢6 nghiém: X =7; X =6

Vay, hai s6 can tim la {u =7 hoic {u =6
V=06 v=7

b. u—v=15 va uv=-56

Taco: u—v=15<u+(-v)=15 va uv=-56= u.(-v)=56

Suy ra u, —v la nghiém cta phuong trinh: X°-15X +56=0

Phuong trinh ¢6 nghiém: X =8; X =7

u==8 u==8 u=7 u=7
Suyra = hoac =
—v=7 v=-7 -v=8 v=-8

. o+ o« . |u=8 u=7
Vay, hai so can tim la: hoac
v=—7 v

c. u’+v¥*=130 va uv=-63

Taco: u?+v? =130 < (u +v)2 —2uv =130
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)
o (u+v) -2(-63)=130 & (u+v)’ =4@E:=_2

TH1: Véi u+v=2 va uv=-63
Suy ra u, v la hai nghiém ctia phurong trinh: X?—-2X -63=0

u=9 u=-7
Phuong trinh ¢6 nghiém: X =9; X =-7= hoac
v=-7 v=9

TH2: V6i u+v=-2 va uv=-63
Suy ra u, v la hai nghiém ctia phuong trinh: X?+2X —63=0

u=7 u=-9
Phuong trinh ¢6 nghiém: X =7; X =-9= hoac
v=-9 v="7
. s . lu=9 u=-7 (u=7 u=-9
Vay, hai so can tim la: hoac X hoac
v=—7 v=9 v=-9 v="7

2

Bai 7. Cho ham s6 y = (P)vahamséy=—2x+%(d)
a) Xdc dinh toa do giao diém cua (P) va (d)

Phuong trinh hoanh d¢ giao diém caa (P) va (d)la:
X

. 1 _1 , ~ . <A N 1 _1
V6i X=—= Yy =— tacotoadjcua giao diemla | —,—
3 6 3 6

(l :

Vay (P) cit (d) tai hai diém c6 toa d¢ la (1;—73) :

b) Goi diém M (Xy; Y, ) thuéc dd thi ham sé (P) c6 tong binh phuong hoanh d va tung do bing

13
4

Me(P)= y0:7x§

2
Theo bai ra ta c6 X§+y§:% C>X§+(_73X§j _1s

<:>gx§+x§—5=0
4 4

TAI LIEU TOAN HOC
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t=1 (tm)
. 2 \ , R 9 2 13
biat t = X5,t >0 Phuong trinh tr thanh: —t“ +t——=0< ~13
4 4 t=_(|)
9
X, =1=> yoz%
Voit=1=x =1 3
X =—1=y =—
0 Yo 5
A . . 12 ~ PTETE -3 -3
Vay ta c6 hai diém thoa man de bai la 1;7 X —1;7
Bai 8. Cho phuong trinh X* —(2k —1)X +2k-2=0 (1)
: > x=1
a) Khi k =—2 ta c6 phuong trinh X“+5Xx—-6=0< 6
X=—

b) Tim gia tri ciia K dé phuong trinh (1) c6 mot nghiém x, =—2. Tim nghiém X,

Phuong trinh (1) c6 mot nghiem x, = 2 = (-2)" —(2k ~1)(-2) + 2k —2=0
<4+4k-2+2k-2=0<k=0

Ap dung hé thirc Viéttaco X + X, =—1= X, =-1-x =-1+2=1

Vay véi K =0 thi phuong trinh c6 nghiém X, =—2 va nghiém con lai la X, =1

¢) Goi X, X, la hai nghiém cia phuong trinh (1) Tim h¢ thtc lién hé gitra hai nghiém nay khong
phu thuoc vao kK

Bai 9. Goi X, (X € N*) la s6 tim tham phan xuong lam dugc theo ké hoach.

. 000
Thaoi gian hoan thanh cdng viéc theo ké hoach la

(ngay)

Trong 8ngay dau phan xudng dét duoc 8X (tdm tham), trong nhitng ngay con lai, mdi ngay phan
xuong dét duoc: X +10 tdm tham va can hoan thanh 3000 —8X s tim tham con lai. Nén s ngay

A SA 2R A ) At WAt oA A ) N R 3000 —8x 5
can thiet dé phan xuong dét hét so tam tham con lai la: —10 (ngay)
X+

3000 3000 —8x
=8+ ———+2
X X+10

x =100 (tm)
x = —150(1)

Vay theo ké hoach mdi ngay phan xuang can dét 100 tam tham.
Bai 10.

Theo dé bai ta c6 phuong trinh sau:

Hay x* +50x —15000 =0 < {
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Goi x(km / h) la van téc caa 6 to trén quang duong AB va van tc cua 6 t6 trén quing dudng
BC la x+10(km/h)

30 , .
Thoi gian 6 t6 di trén quang duong AB la — (gio)
X

Thoi gian 6 t6 di trén quang duong BC la:

i
+10 (0i3)
Tong thoi gian 6 to di tir A dén B, nghi tai B vatr B dén C la: 10 gio 15 phat — 7 gio 30

11
phat la 2 gio 45 phl'Jt=Z gio, nén ta c6 phuong trinh

30 1 50 11 x=30 (tm)
oy == 9x*-230x-1200=0 < _40
X 2 x+10 4 X=—o= (1

Vay van téc cua 6 to di trén doan duong AB 1a 30km/ h, van téc cua 6 t6 di trén doan duong
BC 1a 50km/h
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VI. PE KIEM TRA CHUONG 4

Ho va tén: KIEM TRA 1 TIET CHUONG IV biém
Lop: MON :TOAN

Ngay kiém tra:
PE SO 01

I. TRAC NGHIEM (4 diém) Khoanh tron vao chi cdi dieng trwdc cau trd loi ditng:

Cau 1. Téng va tich cac nghiém cua phuong trinh 4X° +2X -5 Ia

A X +X —l'xlx > B. X, + X —_—1'x1x _
' 2 2’ 2 4 ' 2 2 ’ 2 4

C. X, +X —_—1'x1x _> D. X, + X —l'xlx _
Cau 2. Phuong trinh X° —2X+m =0 c6 nghiém khi

A m>-1 B.m>1 C. m<1 D.m<-1
Cau 3. Phuong trinh 2X* —5X +3=0 c6 nghiem Ia:

3 3 -
A X =Lx=— B. X =—LXx=— C.Xx,=—1Ix=— D.x=1
% 2 % 2 % 2
A N X _3 2 C 4 N
Cau 4. Ham s6 'y ZTX . Khido f (—2) bang
3
A. 3 B. -3 .= D. 6
4

Cau 5. Tong hai s6 bang 7, tich hai s6 bang 12. Khi d6 hai sé d6 1 nghiém cua phuong trinh

A X*=12x+7=0 B. X*+12x-7=0

C. x*—7x-12=0 D. X*—7Xx+12=0
Cau 6. Phuong trinh 3X* +5X—1=0 ¢6 A bing

A. 37 B. —37 C. 37 D.13
Cau 7. Phuong trinh 5x* +8x—-3=0

A. C6 nghiém kép. B. C6 hai nghiém tréi dau

C. C6 hai nghiém cuing dau. D. V6 nghiém

Cau 8. Ham s y =—2x°
A. Ham s6 luén dong bién
B. Ham sé luén nghich bién
C. Ham sb dong bién khi X >0, nghich bién khi X <0
D. Ham s6 dong bién khi X <0, nghich bién khi x >0
I1. TU LUAN (6 diém)
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Bai 1. (2 diém) Cho ham s6 y = x*(P) va y =-2x+3(d)

a) V& hai dé thi (P),(d) trén cing mt hé tryc toa do.

b) Tim toa do giao diém cua (P) , (d) bang phuong phap dai s6

Bai 2. (2 diém) Giai phuong trinh

a) 3x* —8x+5=0 b) (2x—1)(x—3)=-2x+2
Bai 3. (2 diém) Cho phuong trinh 2X* —7X—1=0. Goi X;, X, 1a hai nghiém cua phuong trinh
a) Khong giai phuong trinh, hay tinh X, + X,; X X,

b) Tinh gié tri cua biéu thic A=12—10XX, + X + X

DAP AN- HUONG DAN CHAM DE SO 01

I. TRAC NGHIEM (2 diém) M&i cau chon dung, ndi thich hop duoc 0,25 diém.

Cau 1 2 3 4 5 6 7 8
bép an B C A B D C B D

I1. Ty luén (8 diém)
Bai 1 (2 diém) Mdi phan 1 diém

*) Ham s y = X*: Bang gid trj twong ang (X, y):

X -3 -2 -1 0 1
y 9 4 1 0 1 4 9
*)Ham s6 y = —-2X + 3

- Giao véi tryc Oy tai A(0;3). Giao vai truc OX: B(g;Oj

- buong thang AB 1a db thi cia ham s6 y =—-2X +3

b) Tim dung hai giao diém bang phuong phap dai s6 (1; 1) X (—3; 9)
Bai 2. (2 diém) Mbi cau 1 diém

a) 3x* —8x+5=0c6 A'=1>0
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4+1 5 4-1
Phuong trinh c6 hai nghiém phan biét 1a: X, = 3 = g; X,=——=1

b) (2x—1)(x—3) =-2x+2 < 2x* =5x+3=0

5+Jﬁ_x 5-17
4

C6 A=17>0 nén phuong trinh c6 nghiém la X, =

Bai 3. (2 diém) Mdi cau 1 diém

a) Tacé a.c =—2 < 0 nén phuong trinh c6 hai nghiém phén biét.
-1

7
Theo dinh ly Vi éttaco X, + X, =E;X1X2 =7

A=12-10%X, + X’ + X}
b)  =12-12%%, + (% +X,)°

2
=12—12._—:L (Z] =30,25
2 \2

Ho va tén: KIEM TRA 1 TIET CHUONG IV biém
Lop: MON :TOAN
Ngay kiém tra:

PE SO 02
I. TRAC NGHIEM (3 diém) Khoanh tron vao chi cdi dieng truéc cau trd loi ding:
Cau 1. Db thi ham sé y = X* di qua diém

A. (0;1) B. (—1) c. (4-1) D. (30)
Cau 2. Do thi ham sé y = ax” di qua diém A(2;3).Khid6 a bang

A. % B. % C. 4 D. %
Cau 3. Phuong trinh (m + l) x? — 2mx +1 = 01a phuong trinh bac hai khi

A m=1 B.m#-1

C.m=0 D. Moi gid tricua m
Cau 4. Phuong trinh X* —3Xx+7=0 c¢6 A bing

A 2 B. —19 C. =37 D. 16
Cau 5. Cho phuong trinh 0,1x* —0,6x — 0,8 =0. Khi dé

A. X +X,=0,6;XX,=8 B. X, +X,=6;xX,=0,8

C. X, +X,=6;%XX,=8 D. X, + X, =6; XX, =—8

CAu 6. Phuong trinh X* +5X —6=0 c6 hai nghiém Ia
A X =1Xx,=-6 B. X, =1X,=6
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C.x,=-1Xx,=6 D. X,=-1,X,=-6
I1. TU LUAN (7 diém)
Bai 1. (3 diém) Giai phuong trinh

a) X>+6x+8=0 b) 3x* —15x* +12=0

Bai 2. (2 diém) Cho ham s6 y = x*(P) va y =x+2(d)

a) V& hai dé thi (P),(d) trén cing mot mat phang toa do.

b) Tim toa dd giao diém cua (P),(d )

Bai 3. (2 diém) Cho phuong trinh X* +2X+ M —1=0. Tim m dé phuong trinh ¢6 hai nghiém
X, X, thoamén X, — X, =4

PAP AN- HUONG DAN CHAM PE SO 02

I. TRAC NGHIEM (3 diém) M&i cau chon dung, ndi thich hop duoc 0,5 diém.

Cau 1 2 3 4 5 6
Papan | B A B B D A

I1. Tw ludn (8 diém)

Bai 1 (2 diém) Mdi phan 1,5 diém

a) X>+6x+8=0

6 A=1= X =-2;X,=—4

b) 3x* —15x*+12=0

Pit t =x%,t >0, tacé phuong trinh 3t* =15t +12 =0

Vi a+b+c=3-15+12 nén phuong trinh ¢6 hai nghiém t, =1;t, =4

H=1=>x=1cx=1+1
Ht,=4=> X' =4 X=12

Bai 2. (2 diém) Mdi y mot diém

a) V& dd thi hai hamsé y=Xx*;y =X+ 2

X -2 -1 0 1

y =X 4 1 0 1 4
X 0 -2

y=X+2 0
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b) Toa d¢ giao diém cua hai dé thj 1a M (=1,1) va N(2;4)

Bai 3. (2 diém)

Taco A=2-m

Phuong trinh c6 nghiém < A=2-m>0< m<2

X +X,=—2 (1)

XX, =m-1 (2)

Tir (1) va X, —X, =4 taco X, =1;X, =—3 thay vao (2) taco m=—2 (théa man diéu kién)
V. DE THI HOC K1 11- MON TOAN LGP 9

Theo dinh ly Vi ét ta cd {

Ho va tén: KIEM TRA HOC Ki Il TOAN 9 Diém
Lop: MON :TOAN

Ngay kiém tra:
PE SO 01

Bai 1. (1,5 diém)
a) V& d6 thi ciia cac ham sé sau trén cting mot mat phang toa do: (P) Y= Xz,(d )1y =2x+3
b) Tim toa dé giao diém (néu cd ) cua hai do thi trén.
Bai 2. (2,0 diém)
a) Giai phuong trinh X* —5X+3=0
b) Giai hé phuong trinh {X +3y=0
2X+5y=7
Bai 3. (2,5 diém)
a) Cho phuong trinh X* + 7X —4 =0. Khdng giai phuong trinh hiy tinh X, + X, 5 XX,
b) Mot ngudi du dinh di xe may tir dia diém A dén dia diém B céch nhau 90km. Vi cé viéc gap
phai dién B truée du dinh 45 phat nén ngudi Ay phai tang téc 1én mdi gio 10km . Hay tinh van
téc ma nguoi di dy dinh di.
Bai 4. (4, 0 diém)
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Tir mot diém M & bén ngoai dudng tron (O;6¢m), ké hai tiép tuyén MN, MP véi duong tron
(N Pe (O)) va cat tuyén MAB cua (O) sao cho AB=6cm

a) Chitng minh rang: OPMN 14 tt giac noi tiép,
b) Tinh d6 dai doan thang MN biét MO =10cm

¢) Goi H 1a trung diém cia AB. So sanh MON va MHN
d) Tinh dién tich hinh vién phan gisi han bai cung nho AB véi day AB cua hinh tron tam O da

cho.
PAP AN- HUONG DAN CHAM PE SO 01
Dap an Diém
Bai 1 1,5 diém
a) V& do thi
X -2 -1 0 1
y = X2 4 1 0 1 4 0,25
X 0 -3 0,25
2
y=2x+3 3 0
0,5
0,25
b) Phuong trinh hoanh d6 giao diém cua hai db thi 1a
X>=2Xx+3< x*-2x-3=0
. | x=-1l=y=1
C6 a—b+ ¢ =0= Phuong trinh c6 hai nghiém la
Xx=3=y=9
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Vay toa do giao diém 1a A(-1,1),B(L9).
Bai 2. 2,0 diém
a) x> —-5x+3=0
C6 A=13> 0= Phuong trinh ¢6 2 nghiém phan biét 0.5
0,5
5413 _5-413
2 7 2
Xx+3y=0 2X+6y=8 1,0
b =
2X+5y=7 2X+5y=7
y=1 y=1
= =
2X+5y=7 x=1
Bai 3. 2,5 diém
a) Phuong trinh ¢6 a.c = —4 < 0= Phuong trinh ¢ hai nghiém phan biét X, X, 0,5
Theo dinh ly Vi étta c6: X, + X, =—7; XX, =—4 05
b) Goi x(km/h) la van téc dy dinh di (X > 0) 0,25
X +10 14 van tdc thuc té di
) 0,5
Thei gian thyc té di 1a (h)
X+10
Vi thoi gian thuc té dén trude thoi gian du dinh 1a 45 phit nén ta c6 phuong trinh
0_ 90 _3
X x+10 4
= X2 +10x-1200=0 0,25
C6 A'=1225>0=>+/A'=35= phuong trinh ¢6 hai nghiém phan biét la
-5+35
X == 30(tm)
0,5
-5-35 ’
X, = =—40(1)
Vay van téc du dinh di 1a 30km / h
Bai 4. 4,0 diém
V& hinh dung 0,5

TAI LIEU TOAN HOC
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1,0

0,5

a) Ta giac PMNO c6 P =90° N =90° (Tinh chat tiép tuyén)
=P+ N =180°= ta giac PMNO ni tiép 1.0
b) Tinh d6 dai MN

Ap dung dinh ly Pitago vao tam giac vuong MNO ta c6
MN =+/MO? — NO? =+/10° — 62 =8cm

¢) Vi H 1atrung diém caa AB nén OH 1 AB 1,0
— OHM =ONM =90°

W,m cung nhin doan OM dudi mot géc vudng nén ter giac MNHO
noi tiép

— MHN = MON (Cang chan cung MN)

d) Goi dién tich can tinh la Stp

Taco Sy, = Syuos — Sanos

Co OA=0B=AB=6cm = AAOB la  tam  gidc  déu
= S,,08 = 9/3~15,59
7R%n _ 7.6%.60
360 360
=S, =8, —S, =67 —9/3=3(27-3/3)~3,25(cm’)

C6 Sypos = =67 ~18,84(cm’)
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Ho va tén: KIEM TRA HOC Ki Il TOAN 9 DPiém
Lop: MON :TOAN
Ngay kiém tra:

PE SO 02
Bai 1. (1,5 diém)
a) V& d6 thi cua ham sb sau trén ciing mot mat phang toa do:

(P):y=x%(d):y=2x+3
b) Tim toa do giao diém (néu c6) cua (d ) va (P).
Bai 2. (2,0 diém)
a) Giai phuong trinh X* —5X+3=0
b) Gidi hé phuong trinh {X +3y=4
2X+5y=7
Bai 3. (2,5 diém) Cho phuong trinh X —mx—4=0 (M la tham s6) (1)
a) Chirng minh riang phuong trinh (1) ludn co hai nghiém phan biét X, X, véi moi giatri cua m
b) Tim gi4 tri cia M dé phwong trinh (l) c6 hai nghiém X,, X, thoa man diéu kién X* +X. =5
¢) Tim h¢ thic lién h¢ gita X, X, khong phu thugc gia tri ctia tham sé m
Bai 4. (4,0 diém) T mot diém M & bén ngoai dwong tron (O;6cm), ke hai tiép tuyén
MN, MP véi duong tron (N P e(O)) va cét tuyén MAB cia (O) sao cho AB =6cm
a) Chang minh rang: OPMN 14 t&r gi4c noi tiép,
b) Tinh d6 dai doan thang MN biét MO =10cm

¢) Goi H Ia trung diém cia AB. Sosanh MON va MHN
d) Tinh dién tich hinh vién phan gigi han bai cung nhé AB véi day AB cua hinh tron tam O da
cho.
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